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Abstract—In the era of Big Data, large-scale machine learning
models have revolutionized various fields, driving significant ad-
vancements. However, large-scale model training demands high
financial and computational resources, which are only affordable
by a few technological giants and well-funded institutions. In this
case, common users like mobile users, the real creators of valuable
data, are often excluded from fully benefiting due to the barriers,
while the current methods for accessing large-scale models either
limit user ownership or lack sustainability. This growing gap high-
lights the urgent need for a collaborative model training approach,
allowing common users to train and share models. However, exist-
ing collaborative model training paradigms, especially federated
learning (FL), primarily focus on data privacy and group-based
model aggregation. To this end, this paper intends to address this
issue by proposing a novel training paradigm named decentralized
relay learning (DeRelayL), a sustainable learning system where
permissionless participants can contribute to model training in
a relay-like manner and share the model. In detail, this paper
presents the architecture and workflow of DeRelayL, designs incen-
tive mechanisms to ensure sustainability, and conducts theoretical
analysis and numerical simulations to demonstrate its effectiveness.

Index Terms—Relay learning, decentralized model training,
sustainable model training, federated learning, blockchain.
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1. INTRODUCTION

N THE era of Big Data, the rise of large-scale machine learn-
I ing models has revolutionized various fields, from natural
language processing to computer vision, healthcare, education,
and beyond. These models are usually trained on enormous
datasets and have demonstrated remarkable capabilities in terms
of accuracy, generalization, and predictive ability, which drives
significant advancements in technology and scientific discov-
ery [1]. Moreover, the development and deployment of large
models are no longer merely trends but necessities for fully
capitalizing on the opportunities presented by the Big Data era.
Therefore, as the volume of data continues to grow exponen-
tially, advanced machine learning techniques need to harness
the information from the available data.

However, a major problem has emerged: although individuals,
organizations, and even small enterprises often possess valuable
data, completely training large-scale models is obviously beyond
the financial and technical ability of common users [2], [3].
Specifically, the computational resources required to train a
large-scale model completely can only be afforded by a few
technological giants and well-funded institutions [1]. These
institutions may purchase training data from third parties, or
even directly scrape data from websites without payment, thus
the original creators of the knowledge (common users) find it
hard to obtain profits. As a result, this forms a growing gap
between the giants and common users with insufficient computa-
tional resources (e.g., common users using only mobile devices),
limiting common users from enjoying the societal benefits of
intelligent data-driven insights in the Big Data era created by
themselves [4].

In practice, using the application of large language models
(LLMs) [1] as an example, common users can actually utilize
LLMs based on two approaches provided by the giants. (1) The
first way is close-source, in which the common users need to pay
for the use. The prospective users are usually charged by monthly
subscription or accumulation of utilized input/output tokens. In
this case, the common users can only obtain the rights to use
the models online, but the model weights are not directly acces-
sible to them, i.e., the common users do not truly possess the
models. (2) The second approach is open-source, where some
giants may voluntarily contribute well-trained models for the
public to download freely. The common users can really obtain
model weights in this situation, and the giants can earn non-
monetary profit, such as reputation. However, the open-source
approach is hard to achieve sustainability, since there lacks an
explicit monetary incentive to maintain the model update [5].
To this end, this study seeks to address this pressing issue by
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proposing a sustainable decentralized learning system in which
participants can train like a relay and collaboratively share the
model, named Decentralized Relay Learning (DeRelayL), i.e.,
participants who have sufficient contributions to the relay-like
model training can possess the trained model weights, acting
like semi-open-source.

In recent years, some researchers have discussed the col-
laborative model training methodologies. Among them, fed-
erated learning (FL) is the most notable framework for col-
laborative model training with privacy preservation [6], [7].
Traditional FL relies on centralized model parameter aggrega-
tion and faces challenges like performance degradation with
non-IID data [6], [8], [9]. Moreover, other researchers also
investigate decentralized FL [10], as well as blockchain-enabled
FL [11], which mainly studies decentralized model parameter
aggregation [12], [13] and decentralization-related topics [14],
[15], [16], [17], [18], [19], [20], [21], [22], [23]. However, the
core motivation of FL differs significantly from the proposed
DeRelayL, where FL typically revolves around the challenges
of the group-based aggregation process, but DeRelayL focuses
more on motivating independent participants to sustainably
contribute to and benefit from model training. Besides the
FL, other existing studies also have investigated collaborative
model training, discussing collaborations in volunteer comput-
ing environments [24], [25], secure multi-party collaborative
model training [26], [27], decentralized LLM training [28],
etc. The most relevant study named relay learning presented
by Bo et al. [29], but they focused on security and privacy
issues in relay-like model training between clinical multi-sites,
so the motivation and application are quite different from our
study.

In this paper, we aim to build a sustainable decentralized
learning system based on blockchain, where permissionless
participants can collaboratively train and share models. The
models will be passed among participants in the learning system,
following a relay-like learning process. In each round, the model
evolves based on the previous round’s updates, creating a contin-
uous chain of collaborative learning. Only the participants who
have contributed to the model training or maintaining the system
operation can share the models, which could ensure that each
participant’s contribution is recognized and rewarded. Supported
by blockchain, this procedure fosters a decentralized and collab-
orative learning environment, where different trainers can take
over the process at different stages, allowing for a more flexible
and efficient model development. Therefore, the paradigm op-
erates like a relay, where the task is passed from one participant
to another in sequence, with each participant contributing their
part in a coordinated manner, so-called Decentralized Relay
Learning (DeRelayL).

The contributions of this paper can be concluded as follows:

® This paper proposes a novel learning paradigm regarding

the sustainable decentralized collaborative model training.
Specifically, we introduce the architecture of DeRelayL
based on blockchain and present a detailed system work-
flow. To the best of our knowledge, there are few existing
studies that share the same considerations.

® To maintain the sustainability of DeRelayL, we formulate

the utilities of all participants and design a corresponding
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incentive mechanism to guarantee the participants’ Indi-
vidual Rationality (IR) and Incentive Compatibility (IC).

® This paper conducts a detailed theoretical analysis to for-
mulate a condition set for the incentive mechanism. More-
over, we also design a numerical simulation to demonstrate
the effectiveness of the incentive mechanism and the sus-
tainability of DeRelayL.

® Due to the complexity of DeRelayL, this paper can only
present the key motivation and system workflow, while
some techniques in realistic implementation are not mature
enough. To this end, we also comprehensively discuss the
potential challenges and research directions of DeRelayL.

II. RELATED WORK

In this section, we mainly discuss existing collaborative model
training paradigms, including federated learning (FL) and other
related collaborative training methods, to clarify the different
motivations and scenarios between the existing methodologies
and the proposed DeRelayL.

A. Federated Learning

Federated learning (FL) is a distributed machine learning
approach that enables multiple nodes to collaboratively train
a shared model while keeping local data private [6]. Generally,
FL assumes that participants exchange model updates with a
central server that aggregates them, instead of sharing raw data.
Therefore, the typical FL algorithm studies the aggregation of
gradients, such as FedAvg [6]. On the other hand, some studies
point out that FL faces the challenge of performance degradation
in non-IID data [8], [9]. Many solutions have been proposed
to solve the problem, including optimizing the model aggrega-
tion [30], [31], knowledge distillation [32], regularizing training
in distributed nodes [33], and Bayesian reformulation [34].
Besides the basics of FL, some researchers also study related top-
ics, such as balancing personalization and generalization [35],
acceleration [36], [37], privacy and fairness preserving [38],
[39].

On the other hand, some researchers have also noticed that
traditional FL relies on a centralized server for the aggrega-
tion of model parameters or gradients, so decentralized FL
has been studied in recent years [10]. The decentralized FL
mainly focuses on distributed model parameter aggregation
between the neighboring participants [12], [13]. Referring to
decentralization, blockchain is the cutting-edge implementation
of decentralized systems, and many researchers have paid at-
tention to blockchain-enabled FL [11], studying the architec-
ture of decentralized FL [14], consensus algorithm [15], [16],
[40], decentralized aggregator assignment [17], [18], resource
trading and allocation [19], [20], defending against poisoning
attacks [21], [22], incentive mechanism design [23], etc.

However, the motivation of FL shows a significant difference
from that of the proposed DeRelayL. As shown in Fig. 1, we
demonstrate a comparative diagram with the simplest case to
show the difference between FL and DeRelayL. FL mainly
discusses the collaborative model training among a group, typ-
ically involving an aggregation process per round, but DeRe-
layL emphasizes incentivizing a sustainable collaborative model
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Federated Learning (FL)

Decentralized Relay Learning (DeRelayL)

Fig. 1. A comparative diagram between federated learning and relay learning.

training, which is expected to present like a relay among multiple
independent participants, who can obtain the model if they have
contributions to the DeRelayL. system. Although Buyukates
etal. [41] presented similar considerations, where they proposed
a proof-of-contribution-based design for collaborative machine
learning on the blockchain, the trained model still belongs to
the initiator rather than the participants. Similarly, subsequent
studies of contribution proof can refer to Ebrahimi et al. [42]
and Yazdaninejad et al. [43].

B. Other Collaborative Model Training

Although FL is the best-known paradigm of collaborative
model training, some other methodologies present different
considerations. Diskin et al. [24] proposed a framework for
distributed deep learning in open collaborations (DeDLOC),
addressing the challenges posed by volunteer computing en-
vironments. Ryabinin et al. [25] introduced a decentralized
mixture-of-experts (DMoE) model designed to leverage volun-
teer computing for training large neural networks, especially
in distributing the computational workload across unreliable
hardware. Zheng et al. [26] presented Cerebro, a platform de-
signed for secure multi-party cryptographic collaborative learn-
ing, avoiding exposing sensitive information when combining
data from multiple organizations. The most similar motivation
was mentioned by Gao et al. [28], who proposed a theoreti-
cal design of a decentralized LLM and used GradientCoin to
incentivize model training, but it lacks a verification of the
training, so unreliable participants will tend to cheat for incentive
without real training. The most relevant study was proposed by
Bo et al. [29], in which the authors also applied the term relay
learning to present their paradigm. However, they mainly consid-
ered the security and privacy issues in relay-like model training
between clinical multi-sites (one by one), so the motivation and
application are quite different from our study.

Overall, few existing studies about collaborative model train-
ing have shown the same consideration as our proposal, which
intends to build a decentralized collaborative model training
system that can sustainably work.

III. SYSTEM DESIGN

This section will present the system design. First, we will
discuss the motivation and challenges regarding the proposed
blockchain-based DeRelayL system, which also reflects our core
considerations during the architecture design. Then, we will
illustrate the system architecture, addressing the aforementioned
challenges. At last, the corresponding mechanism design and
problem formulation will be investigated.
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A. Motivation and Challenges

As discussed in Section II (also refer to Fig. 1), the DeRe-
layL shows significant differences compared with FL [44]. In
conclusion, the motivation of DeRelayL is to build a sustain-
able decentralized learning system in which participants can
train like a relay and collaboratively share the model. To this
end, this subsection will first clarify the challenges following
with the logic of the proposed motivation.

C1. Sustainability of the training system: Generally, the par-
ticipants of the training system will keep the strategies that can
maximize their utilities. Under this assumption, the open-source
model is unsustainable, e.g., if everyone can obtain the model
without cost, nobody will have the motivation to train the
model, since the training process has cost, which will decrease
the participant’s utility. Therefore, the system design needs to
guarantee that the model can be obtained only if the participants
have contributed to the whole procedure of DeRelayL, e.g.,
participating in the model training or supporting the blockchain
system operation.

C2. Model weight leakage before the model training: As-
suming that a participant wants to contribute to the system by
training models, the most common and efficient way is to ask
the model owner to send the model to the participant. This step
faces a risk that the participant may not fulfill the training duty
after obtaining the model, especially in a decentralized system,
which means that the participant can obtain a model without
any cost. To address the challenge, there should be punishment
for the dishonest participants, so the prospective trainers should
deposita certain cost before obtaining the model (the deposit cost
should be higher than the model’s value), which will be returned
after honest behavior. In an extreme situation, if the participants
cannot finish the model training subjectively/objectively, the
process is equivalent to a transaction between the participants
and the system, where the participants spend the deposit cost to
buy the model.

C3. Dishonest model owners that provide fake models to the
participants: As we discussed in C2, the participants need to
deposit a certain cost for requesting the model and withdraw
the cost after training. However, dishonest model owners may
provide fake models to the participants or even do not respond.
In this case, the prospective trainers will lose the model and the
deposit at the same time. Therefore, the model owner should also
deposit a certain cost by constructing a smart contract with the
prospective trainers, which will be returned at the same time as
the deposit from the trainer is returned. More importantly, under
this setting, the model owner and the trainer form a community
of interests, so there should be a two-way selection mechanism
between model owners and prospective trainers for them to find
a reliable partner.

C4. Evaluation of model training: In a decentralized system,
it is difficult for model trainers to prove the completed training
process. For instance, dishonest trainers can add some white
noise to the model to pass the check of model hash, claiming
that they finished the model training. Therefore, it requires an
evaluation to validate the training, which should be provided by
a random third party. Then, a new challenge appears, how to
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Fig. 2.

determine whether the trainer has honestly finished the training.
Moreover, the black-box training of neural networks and differ-
ent data distributions between trainers and the evaluation data
providers will also influence the performance evaluation, e.g., it
is hard to avoid that a dishonest but lucky trainer obtained the
highest performance by only adding white noise. To this end, a
relatively fair evaluation method is necessary.

C5. Model weight leakage during the performance evalua-
tion: To evaluate the performance, it requires the output from
the trained model by inputting testing data. Obviously, it is unre-
liable that the trainers test their models by themselves, while the
evaluation of a third party will face the risk of model weight leak-
age during the transmission. To address the challenge, this paper
considers applying fully homomorphic encryption (FHE) [45]
to transmit model weights, where FHE is an encryption scheme
that enables functions to be run directly on encrypted data while
yielding the same encrypted results as if the functions were run
on plaintext [46]. With FHE, it is not necessary to calculate
testing output using the original trained model, avoiding the
model weight leakage.

C6. Verification of the performance evaluation: Following
CS, the trained model after FHE can be broadcast in the system,
so the encrypted model can be obtained by every user. This
means that, if the testing data and public key of FHE are publicly
available, every user can verify the claimed performance, ac-
cording to the easy-to-check principle in a decentralized system.
This public verification from other users is the fundamental
guarantee of a valid training record.

C7. Re-training the model after testing data publication: The
performance evaluation process contains a hidden pre-condition
that the testing data should be published before the evaluation.
Therefore, it is possible that trainers re-train their models based
on training data to pass the performance evaluation. To solve
the problem, the system should have a mechanism to guarantee
the models in the performance evaluation are trained before
publishing the testing data.

System architecture and workflow of sustainable decentralized relay learning (DeRelayL).

C8. Collusion between testing data publisher, performance
verifier, and trainer: Decentralized systems have a common
challenge that some participants may collude with each other.
The folking of blockchain can naturally address the challenge
since other honest participants who find out the dishonest be-
havior will spontaneously follow the honest blocks. Globally,
the collusion can only obtain short-term benefits, while, at a
long-term level, honest participants will share more powerful
models with the increase of the blockchain. Therefore, rational
participants will behave normally to seek long-term benefits.

B. System Architecture and Workflow

After discussing the design motivation and challenges in Sec-
tion III-A, this subsection will introduce the system architecture
of sustainable Decentralized Relay Learning (DeRelayL), as
shown in Fig. 2, by discussing the blockchain design, user roles,
and workflow.

The DeRelayL system is based on blockchain, where we de-
fine four kinds of blocks according to the different functions dur-
ing different stages, including deposit block, encryption block,
testing block, and settlement block. 1) Deposit Block (DB):
to store deposit smart contracts, which are the fundamental
guarantee of model transmission; 2) Encryption Block (EB):
to publish information about FHE and record the hash value
of trained models; 3) Testing Block (TB): to publish testing
data and record the hash value of trained models encrypted by
the public key in Encryption Block using FHE; 4) Settlement
Block (SB): to verify and store the performance of trained
models. Note that, the mining process is identical for all blocks,
where the core difference is that the miners should act in different
roles and include different data corresponding to the stage. By
default, we utilize the Proof of Work (PoW) [47] consensus
model for block generation as an example, while other consensus
models are also available. The detailed usage of each block will
be introduced after the discussion of the workflow. In Fig. 2, we
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illustrate the SB,,_1 in Round,,_1 and all blocks in Round,,.
The whole workflow of the DeRelayL system has 11 main steps:

(1) Trainer Negotiation (Second-Price Auction): As we men-
tioned, SB records the performance of trained models, as well
as their corresponding trainers and resources (details of SB will
be discussed in Step (11)). Therefore, after the confirmation of
SB,,_1, allnodes in the system can find the models’ performance
of the (n-1)—th training round. Abstractly, all participants can be
denoted as trainers T', where T, are trainers in Round,,_1 and
also the model owners in Round,,, and T,, are trainers who will
negotiate with model owners 7}, _; to obtain a model for training
in Round,,. This negotiation will determine that the trainers
T,, will follow which model owner 7,,_; to train the model,
which is a two-way selection procedure. Moreover, each of 7,1
and T, should also determine the deposit cost to participate
in Round,. In this paper, we simply apply the second-price
auction [48] to complete the procedure (details will be discussed
in Section III-C1), while other two-way selection methods may
also fit this scenario. Note that this paper assumes that the single
trainer can only complete the training of one model in each
round, but model owners can select multiple trainers if they have
enough coins to deposit (also known as total deposit budget B
in Section III-C1).

(2) Build Deposit Smart Contract: After the two-way selec-
tion, 7,1 and T,, who completed the procedure should build
a smart contract to deposit the predetermined cost. The smart
contract should be signed by both T},_; and 7},. The deposit
will be returned if the trained model shows good performance in
the testing data, but it also faces arisk of loss if the trainers cannot
perform normally or even do not finish the training (details can
refer to Step (11)). Therefore, the two-way selection in Step (1)
is necessary, because both 7}, and 7}, hope to find a reliable
partner to minimize risk.

(3) Broadcast Deposit Smart Contracts: The deposit smart
contracts will be broadcast after the double signature. DB miners
will include the smart contracts and construct D B,, at t when
they find Nounce. The DB block contains a coinbase trans-
action to earn a mining reward, which depends on the included
deposit smart contracts, prompting miners to pack records as
much as possible. This setting is similar to gas fees on a public
blockchain (e.g., BitCoin [47]), while the incentive is from the
mechanism rather than the users.

(4) Model Transmission: After the publishing of DB at t°, the
system enters the training period, where trainers 7;, will receive
the model from T}, ;. In Fig. 2, we illustrate an example that
T* will receive a model M, | from T _,.

(5) Model Training: After the model transmission, the trainer
T* will train the model using the computational resource and
data, where we use MT’f to denote the trained model. In an
unreliable decentralized system, some trainers may fail to finish
the model training due to unknown reasons. Correspondingly,
as a punishment, the deposit of both 7, 1 and 7;, will not be
returned.

(6) Broadcast Hash of Trained Model: After the model train-
ing, trainers will broadcast the hash value of trained models
to claim that they completed the training process, denoted as
Hash(MPF).
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(7) Verification of Encryption Block Miners: In this step, EB
miners will check the hash value of the trained model, verifying
Hash(M] _,) # Hash(MF), which means the updated model
is at least different from the original one. Thanks to the trans-
parency of blockchain, the required information can be easily
obtained from the previous blocks, e.g., obtain Tf% , from DB,
according to 7%, and then obtain Hash(M? ) from EB,_,
based on 77 _|. When finding Nouncel, at t., the EB miners
will include all records that passed the hash check, containing
metadata (77 _, and T¥) and Hash(MF). More importantly,
there is a necessary step that EB miners need to calculate a
public key PK,, for FHE. EB miners are special compared with
other block miners, because they can obtain trained models by
their private key of FHE. On the one hand, due to the cost of
generating the FHE key pairs, malicious miners may upload a
random number as P/ ,,, influencing the subsequent steps of the
system. On the other hand, the model is provided as a reward,
incentivizing miners to actively participate and preventing EB
miners to access valuable models and exit the system without
further contribution. Therefore, obtaining a trained model can
guarantee incentive compatibility (IC) for EB miners and mo-
tivate them to behave honestly. As long as EB miner does not
disrupt the process and their actions contribute positively to the
overall integrity of the system, the system remains sustainable.

(8) Fully Homomorphic Encryption using PK,,: After the
publishing of EB at ¢!, all participants of the system can ob-
tain PK,,. Then, the trainers can encrypt their trained model
using FHE by PK,,, denoted as FHE(M?), and the corre-
sponding hash value can be formulated as Hash(F HE(MF)).
This step can fix the trained models before publishing
the testing data, ensuring the trainers cannot re-train the
models.

(9) Broadcast Hash of Encrypted Trained Model: The trainers
will broadcast Hash(F HE(MF)) after model encryption. The
TB miners will include the hash values and construct 1T'B,,
at t2 when they find Nounce?. Besides the hash values, the
TB miners should also provide testing data to evaluate the
performance of trained models, including testing input 7'I,, and
testing ground truth 7'G), (if the testing data is too large to store
in the blockchain, the TB miners can also provide a decentralized
storage address of the data). The testing data are publicly avail-
able, which corresponds to three advantages: 1) all participants
can verify the results of performance evaluation, ensuring the
procedure is valid with consensus of most participants; 2) the
quality of the testing data can be supervised by all participants,
and other participants can choose to folk the training blockchain
if the quality is unsatisfactory; 3) the testing data can be uti-
lized as training data in the next round, globally contributing
additional information to the whole DeRelayL system.

(10) Broadcast Testing Outputs of Model and Encrypted
Model: After the publishing of TB at 2, all trainers are accessi-
ble to the testing data T'I,, and T'G,. The trainers can calculate
the testing outputs of their models as O% = MF(T'I,,). Then, the
trainers will broadcast the outputs OF and the encrypted models
FHE(MF) (discussed in Step (8)) for performance evaluation.

(11) Verification of Settlement Block Miners: The last step
is most critical, which involves four parts: model performance
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verification, packing valid training records, returning quali-
fied deposits, and additional citation reward. 1) Model per-
formance verification: The SB miners should verify whether
the received outputs OF are generated from MY based on
FHE, without obtaining the original model M*. The SB min-
ers will encrypt received outputs OF and testing input 11,
from T'B,, using the PK,, from EB,, denoted as FHE(OF)
and FHE(TI,). Then, SB miners will calculate new out-
puts using received encrypted models F'HE(MF) and en-
crypted testing input FHE(TI,), denoted as FHE(OF) =
FHE(MF)(FHE(TI,)). Moreover, the SB miners will also
calculate a quantitative performance index P* based on pre-
defined evaluation metrics (e.g., accuracy, mean-square error
(MSE), precision), using the received outputs OF. After that,
the SB miners will firstly verify whether the received encrypted
model is the one confirmed in T'B,, i.e., Hash(FHE(MF))
should be equal to received Hash(FHFE(M!*)). Secondly, the
SB miners will verify whether the received outputs are calculated
from the claimed model, i.e., FHE(O'¥) should be equal to
FHE(OF) according to the features of FHE [45]. Note that,
due to the transparency, the verification can be checked by
any other participant, ensuring the validity. 2) Packing valid
training records: After the verification, SB miners will include
valid training records into the block S B;,, including the original
model owners 7”_,, current trainers 7)¥, and corresponding
model performance indexes PX. 3) Returning qualified de-
posit: Generally, the verification records in SB,, means that
the trainer 7 has finished the training process, and the smart
contracts built in Step (2) will return the deposit toboth 77, and
T,’f. However, as discussed in C4 of Section III-A, lazy workers
can add very subtle white noise into the original model, which
will not significantly influence the model performance. In this
case, the updated model can also pass the verification, which
means lazy workers can obtain a model at nearly free cost. To
address the problem, we set a threshold to increase the risks
of participating in the training system, where only the trained
models which has performance ranking in top-K can return the
deposit cost for both original model owners 77 _; and trainers
T[f. However, due to some uncertain factors, such as testing
data distribution and randomness in model training, the top-C
ranking mechanism cannot completely filter lazy workers, e.g.,
the model from a very lucky lazy worker may achieve better
performance than others. The aforementioned case is very spe-
cial with a low possibility, because a fundamental assumption of
the system is that the model performance will generally increase
with the honest model training behavior. In fact, the introduction
of the top-X ranking mechanism will also change the trainer
negotiation in Step (1), in which both original model owners
T’ and trainers 7% will be more serious when evaluating and
selecting their partners. 4) Additional citation reward: Besides
returning the deposit, we also design a mechanism to reward the
original model owners T”_; of the top-K models in Round,,,
named citation reward. Note that, the original model owners
Tfkl may not be the top-XC models in Round,,_1. Therefore,
although there might be some very lucky lazy workers who
occupied the top-/C positions in Round,, 1, the citation reward
can motivate honest trainers at a long-term level, since the
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Algorithm 1: Trainer Selection Based on Deposit Bids.

1: Imput: T = {(T3,b™), (T, b™2), ..., (To,,b"er)} as
the set of trainers and their corresponding deposit bids
bTi, MO’s deposit cost for one trainer bMO and MO’s

total deposit budget B.

2:  Output: Selected Trainers and their deposit amounts.

3 QSelected <~ I_Z,I\/ILOJ

4: Tsorea = Sort(T,2) > Sorted by bids in descending

5: fori=1to QSeleCted —1do

6: Tsetected|?] < Tsortea[?][1] > Trainers

7: Dpeposic[¢] = Tsortea[t + 1][2] > Deposits

8: end for

9: TSelected [QSelected] — TSorled [QSelected] [1] o> Trainers
10: DDCPOSit[QSC]ECth] < PH‘Sorted [QSelected] [2] > DGPOSitS
11:  Return TSelecledv ]D)Deposit

trainers 7/F may not choose the model to follow only based
on the ranking of Round, 1, while other information of the
original model owners 7”7 _; (e.g., historical rankings, frequency
of participation) will also be considered.

With the increase of training rounds, the above 11 steps will
repeat until the model ability converges to an ultimate level
without sufficient performance increment due to the limitation
of the model size, referring to scaling law [2], [3].

C. Formulation and Mechanism Design

In Section III-B, we utilize 7,1 and 7;, to denote original
model owners and trainers for a general understanding of the
cyclic system. In the following parts, we will apply abbreviations
of each role to better explain the formulation, i.e., model owner
(MO), trainer (T), deposit block miner (DBM), encryption block
miner (EBM), testing block miner (TBM), and settlement block
miner (SBM).

1) Trainer Negotiation Algorithm: In  Step (1) of
Section III-B, the trainers will negotiate with the original model
owners to obtain an opportunity to join the model training, which
is atwo-way selection that also determines the deposit cost of the
model owners and trainers. The two-way selection can be very
complex by considering many factors such as historical ranking
and participation frequency, but, to simplify the mechanism
modeling in this paper, we design a second-price auction [48]
that greedily selects model owners with higher ranking and
trainers with higher deposit willingness. At first, the model
owners will broadcast their pre-determined deposit cost b ©
to the trainers. The prospective trainers (totally Q) trainers)
will send sealed messages to model owners to honestly provide
their reserve deposit bids bTi. After that, the model owners can
rank the prospective trainers based on the deposit bids. Then, a
model owner can greedily select prospective trainers following
Algorithm 1 constrained by the total deposit budget B (to select
total LM%J trainers). The model owners will invite the selected
trainers to build deposit smart contracts by depositing the
second price, and, correspondingly, the prospective trainers will
greedily accept invitations from higher-ranking model owners.
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TABLE I
KEY ANNOTATIONS (IN THE ORDER OF APPEARANCE)

Symbol Description Symbol Description
Participant Utility of Participant, Participant € {MO,T, DBM, EBM,TBM,SBM} RParticipant Revenue of Participant, Participant € {MO,T, DBM, EBM,TBM,SBM}
(Participant Cost of Participant, Participant € {MO,T, DBM, EBM,TBM,SBM} RMO Immediate revenue of MO available now
R]{.\u’lfl)m Revenue of MO available in the future C'g’c"gm Cost incurred by MO due to potential deposit loss risk
C‘%Efmi: Cost incurred by MO for transmitting model parameters Qgég‘ed Average number of Trainers selected by MO
Rcited Citation reward for MO when its model is successfully trained (cited) by one | 3 Discount rate for T or MO on Rcied. used to estimate future potential rewards
Trainer, noticing all R adjustable by the system
Qselected Number of Deposits signed by an MO in a given round s Selection rate of trained models, 0 < s < 1, e.g., s = 0.5 means half of the trained
models are selected
pMO MO’s bid: number of coins deposited by MO in the Deposit smart contract for each | Krransmit Transmission coefficient, multiplied by the number of model parameters, represent-
ing the cost of receiving or transmitting the model
| M| Number of model parameters UA%,IO Utility of MO under the strategy “Normal”
C[f)‘:pﬂ_"LM Cost to MO due to deposit loss from intentionally failing to transmit model | UMC Utility of MO under the strategy “Not Transmitting” model parameters
parameters
RL, Immediate revenue of T available now RE e Revenue of T available in the future
C'rain Cost of training a model Cglpnm Cost incurred by T due to potential deposit loss risk
CI?:(M Cost incurred by T when receiving model parameters from MO Cnerypt Cost of encrypting parameters using public key of FHE from EBM
Chroadeast Cost of broadcasting the FHE-encrypted model parameters RRecM The model received by T itself, which could serve as a reward in the formulation
RrainedM The model trained by T itself, which could serve as a reward in the formulation R(q‘:tcd Citation reward for T when its model is successfully trained (cited) by future Ts
VReeM Version of received model VNI;W Version of the latest model owned by T just now before receiving new model
© One unit of reward coin Qgckmd Average number of selected future Ts who will train model based on the T directly
or indirectly
Peomp Price of computation per unit of time and per unit of data volume D Data volume
T Training time bT T’s bid (the number of coins deposited by T)
KEncrypt Cost of encrypting per unit of model parameters QBroadcast Number (Quantity) of recipients that T needs to broadcast the encrypted model
parameters to
KExpand Factor by which FHE encryption expands parameter size U}{; Utility of T under the strategy “Normal”
Cgcpmm‘os[ Deposit lost by T due to poor behaviors U%;Tr Utility of T under the strategy “Not Training”
ULs, Utility of T under the strategy “Not Broadcasting” RDBM Revenue for DBM from including deposit information into the blockchain
ChMine Cost of mining under the PoW consensus mechanism Qbeposit Quantity of deposits included on-chain by one DBM
Rbeposit Revenue per deposit included on-chain by DBM UIQBM Utility of DBM under the strategy “Normal”
QDepositLess Quantity of deposits below the expected amount to be included on-chain U 113 f;ﬁf Utility of DBM under the strategy “Not Packing All the deposits™
UPI[)BM Utility of DBM under the strategy “Packing Improperly” Rll;?u;c[ Revenue for EBM from including FHE public key and hashes of trained model
parameters on-chain
RruEM The revenue represented by the FHE-encrypted model decrypted by EBM Cﬁﬁ:ﬁ{:‘M Cost of process of receiving FHE-encrypted model
CGenFHEKey Cost of generating a pair of FHE keys including public key and secret key QHashM Quantity of hashes of model submitted by trainers
R HashM Revenue for EBM per hash of model VEHEM Version of FHE-encrypted model
VNEO‘?M Version of the latest model owned by EBM just now before decrypting FHE- UEBM Utility of EBM under the strategy “Normal”
encrypted model
U,‘sg“ Utility of EBM under the strategy “Not Generating” FHE keys Ragjﬁg Revenue for TBM from including testing data cases and hashes of FHE-encrypted
models on-chain
RGenTDCases ~ Revenue from generating testing data cases CGenTDCases ~ Cost of generating testing data cases
QEncryptedM Quantity of hashes of FHE-encrypted models REncrypteat Revenue for TBM per hash of Encrypted model
QCases Quantity of testing data cases submitted by TBM Rcase Revenue for TBM per testing data case
Cg:;][m(:m Cost of generating one unit of testing data case U£BM Utility of TBM under the strategy “Normal”
UITTBM Utility of TBM under the strategy “Improper Testing data” Rﬁ:fm’i Revenue for SBM from including Testing outputs results and hashes of FHE-
encrypted models on-chain
Ryerity Revenue for SBM from verifying the performance of FHE-encrypted models using Cﬁ;ﬁﬁum Cost of process of receiving FHE-encrypted models
testing data cases
Ceriy Cost of verifying the performance of FHE-encrypted models QVerifiedM Quantity of verified FHE-encrypted models by SBM
R VerifiedM Revenue for SBM per verified model from including performance of verified models | Riveriy Revenue for SBM per verified model and per testing data case from computing the
on-chain performance of verified models
Cyc"r‘l‘fv Cost per verified model and per case U}‘(’}BM Utility of SBM under the strategy “Normal”
U}SRBUM Utility of SBM under the strategy “Improper Ranking”

2) Problem Formulation and Incentive Mechanism Design:
To maintain sustainability, the incentive of DeRelayL (e.g.,
mining reward, model weights) should at least satisfy Individual
Rationality (IR) and Incentive Compatibility (IC) [4], [19],
[49], [50]:

® Individual Rationality: All participants of the DeRelayL.
system should obtain a non-negative utility. Otherwise,
the rational participants will not participate in the model
training of the DeRelayL system.

e [ncentive Compatibility: The incentive mechanism of the
DeRelayL system should ensure that participants with
normal behavior can obtain the maximum utility, which
means that behaving normally is the optimal strategy for
each participant.

Therefore, we will first formulate the utility (U) of each
participant in the DeRelayL system based on the revenue (R)
and cost (C). Key annotations are summarized in Table 1.

(1) Model owner (MO): The utility of MO can be denoted:

UMO _ RMO . CMO

MO
Transmit

MO
- CVDeposit

_ RMO +RMO

Now Future

ey

where RO and RMC., refer to the 4) additional citation reward
as discussed in Step (11) of Section III-B. R!C is the citation
reward of the current round, and RA.C. is the revenue of the
future rounds, which will be calculated as a geometric series
since the future revenue has a discount rate. For the cost, MO

has deposit cost C’ggpoosit for each round, but the cost is likely to
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be returned if the selected trainers behave normally. Moreover,
MO also has transmission cost C© . when sending the model
to the selected trainers.

(2) Trainer (T): The utility of T can be represented:

UT = RT - CT = RI:Z;OW + Rlzznure

T T
- CvTrain - CDeposit - CRecM - CEncrypt - CBroadcast

@)

where R, is the revenue of the current round, which contains
the revenue of the received model from MO R{. ., and the
revenue of the model trained by T R% . .- And RL, . is the
future revenue for additional citation reward, similar to MO. The
cost of T consists of five parts: 1) model training cost Cryqin;
2) deposit cost Cgeposn, which will be returned if behaving
normally; 3) cost of receiving the model from MO Cg_ y;; 4) FHE
encryption cost of trained model Cgerypt; 5) cost of broadcasting
encrypted model Cgoadcast-
(3) Deposit block miner (DBM): The utility of DBM is:

UDBJV[ _ RDBM _ CDBM

DBM
= Rlnclude - CMine (3)
where RLEA is the incentive of miners to include deposit smart

contracts as much as possible, so the revenue is proportional
to the quantity of included data. Cyye is the cost of mining
the block, i.e., the computational cost of the POW consensus
model. Note that all miners (DBM, EBM, TBM, SBM) have
the aforementioned Ryycpude and Chpine. We also simply assume
the block generation intervals are almost identical for all stages,
thus the Cyine is almost fixed.

(4) Encryption block miner (EBM): The utility of EBM can
be formulated:

UEBM _ REB]M _ CEBAI

_ REBM

EBM
inclade T F2EHEM — OMine —

RecFHEM — CGenFHEKey

“

where REBM s the incentive of including trained models’ in-
formation, containing metadata and hash values. Since the EBM
is responsible for generating the FHE key pair, the EBM can use
the private key to decrypt encrypted models, as discussed in Step
(7) of Section III-B. Thus, Rrygpwm is the revenue for decrypting
encrypted models, and CEEM.\ is the cost for receiving the
encrypted model (EB can only receive and decrypt the best one).
Cine is the mining cost, and CgenrHEKey 1S the cost of generating
the FHE key pair.
(5) Testing block miner (TBM): The utility of TBM is:

UTBM _ RTBM o CTB]\/[

TBM
= Rlnc]ude + RGenTDCases - CvMine - C'GenTDCases (5)
where REBM s the incentive of including information of

encrypted models using FHE, containing metadata and hash
values. The TBMs are responsible for generating testing data,
so they will be rewarded RgenTpcases according to the number of
testing cases. Thus, there are corresponding costs of generating
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testing cases CGenTDCases- Similar to other miners, Cyiye 1S the
mining cost.

(6) Settlement block miner (SBM): The utility of SBM can be
formulated:

USBM _ RSB]\/I o CSBM

SBM SBM
= Rlnclude + RVerify — CMine — RecFHEMs — CVerify
(6)
where RpPEM is the incentive of including verification confir-

mation details, containing metadata and performance index. The
SBMs are responsible for verifying the performance of trained
models, so they will be rewarded Ryerigy according to the number
of verified models, corresponding to the cost for receiving all
encrypted models CRBA ;s and verifying them Cyesity. Chine
is the mining cost.

For participants, they have different strategies to choose from,
which will lead to different utilities. We utilize “Normal (N)” to
denote the participant behaves honestly following the procedure
of the DeRelayL system. Specifically, MO may choose to not
transmit the model to T (including transmitting fake weights),
so the strategy set of MO is {Normal (N), Not Transmitting
(NTm)}. For Ts, they may choose to not train the model (NTr)
or not broadcast the trained model (NBr), so the strategy set of T
is {Normal (N), Not Training (NTr), Not Broadcasting (NBr)}.
The DBM may choose to pack partial deposit smart contracts
(NPA) or pack improper ones (PI), thus the strategy set of DBM
is {Normal (N), Not Packing All (NPA), Packing Improper
Deposit Contracts (PI)}. Then, the EBM may not generate the
FHE key (NG), so the strategy set of EBM is {Normal (N), Not
Generating FHE Key (NG)}. For TBMs, they may upload im-
proper testing cases (IT), thus the strategy set of TBM is { Normal
(N), Improper Testing Cases (IT)}. Finally, the SBM may not
rank the trained models properly (IRa), so the strategy set of
SBM is {Normal (N), Improper Rank (IRa)}. The final utility
expressions of each strategy are listed in Table I1, and the detailed
formulation, annotation, and explanation of each term can refer
to Table I and Appendix A, available online. Note that, in this
paper, we assume the knowledge used in model training is almost
equal for every round (or satisfies the same distribution), so the
model performance incremental from the current round/version
to the next round/version is approximate. Therefore, we intro-
duce (© to denote the value of the knowledge gap between two
adjacent model versions, which is also the unit of measurement
to unify the different values formulated in the DeRelayL system,
as well as for issuing incentives (cryptocurrency/coin).

After formulating the utilities of each participant, we need to
design an incentive mechanism to satisfy IR and IC. Specifi-
cally, to satisfy IR, the utilities of the “Normal” strategy should
be noless than 0. According to the calculation in Appendix B, the
reward (R) of each block should satisfy the following condition
set (T1 - T8):

T1: To guarantee IR of MO, we need to let UY© > 0:

(]- - 5) : (QSelected : (]- - 3) : bMO + kTransmit : ‘MD

MO
Selected

Rcited =

(N
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TABLE IT
UTILITIES OF DIFFERENT PARTICIPANTS’ STRATEGIES
Participant Strategy Utility
y Q3 ey Reite y
MO Normal (N) UII\‘,IO = %&d — Qselected * (1 = 8) - bMO — bprangmic - | M|
Not Transmitting (NTm) U]},ITOM = —Qselected - WMC
T 5
Normal (N) UL = (Vrew — Vi, +1) -©+ %L‘iﬂfﬂgnw
T
— [Peomp - D -7 - [M| + (1 — ) - b7 + Kransmic - | M| + Kgnerypt - | M| + QBroadcast * Fransmit - KExpana - | M |
Not Training (NTr) Uy = (Vreemt — Viby) - © — b7 — Erransmic - | M|
Not Broadcasting (NBr) U;Br = (VReCM — V,\’,’;W + 1) -©- [PComp D7 [M] + 5T + Eansmic - ‘MH
Normal (N) UREM = Qpeposit * Rbeposit — Chine
DBM
Not Packing All (NPA) UREM = Qpepositiess - Rbeposit — CMine
Packing Improper Deposit Contracts (PI) | UREM = —Cyipe
EBM Normal (N) URBM = (QHashM Ritashm + (Virem — ViEBM) ©) — (ChMine + Ftransmit * FExpand * | M| 4 CGenFHEKey )
Not Generating FHE Key (NG) UREM = —Cypine
Normal (N) UTBM — Qg - R + Qcases * Rease — CMine — Qases - Coms
TBM N ncryptedM * REncryptedM Cases * Rcase Mine Cases * CgenTpCase
Improper Testing Cases (IT) UITTB M = —Cine
SBM Normal (N) URPM = Qverificam - RverifieaM + Qverifiea - Qcases * Rverity — Chine — @VerifiedM * Fransmit - Fxpand - | M |
—QVerifiedM * QCases * C\‘}c“,i‘ry
Improper Rank (IRa) U ,S,iM = —CMine

T2: To guarantee IR of T, we need to let Uﬁ >0:

(1-28)
Qecrea
+ (L= 8) - b + Frvansmit - | M| + Kenerypt - | M|
+ QBroadcast * KTransmit - KExpand - | M|
~ (Veeart = Viiow +1) - ©) (8)
T3: To guarantee IR of DBM, we need to let UZBM > 0:

Rcited > '(PCOmp'D'T'|M|

CMine

RDeposit > 9)

QDeposil

T4: To guarantee IR of EBM, we need to let UM > 0:
1
RHashM 2 - (CMine + kTransmit : kExpand . ‘M|

QHashm
Wow 1) - ©)  (10)

T5: To guarantee IR of TBM, we need to let UJ?,B M > 0:

+Coenrekey — (Virem —

QEncryptedM : REncryptedM + QCases : RCase
> CMine + QCases : ngli%“DCase (1 1)
T6: To guarantee IR of SBM, we need to let U ]%B M > .
QVerifieaM * Roverifieam + QverifieaM * Qcases * Roverity
2 C’Mine + QVeriﬁedM : kTransmit : kExpand . |M ‘
+ QVeriﬁedM : QCases ! C\lljenrlllfy

To satisfy IC, the utilities of the “Normal” strategy should
be greater than other strategies. According to Table II, some

(12)

participants’ other strategies have negative utilities, so they
will choose “Normal” obviously. Specifically, trainer T requires
additional constraints for the strategy of “Not Training” and “Not
Broadcasting™:

T7: For IC of T with “Not Training”, there is a sufficient but
not necessary condition that the deposit of T should not be lower
than the value of the model (i.e., an effective deposit discussed
in Section III-B). Otherwise, T will not have the motivation to
train the model.

bT > (VRecM — VI\/II;W) . ©

T8: For IC of T with “Not Broadcasting”, let UL — UL 5 >
0, the condition can be formulated:

13)

((_5) . bT + kEncrypt : |M|
Selected p

+QBroadcast : kTransmit : kExpand ! |M|) ! (1 - B) (14)

Rcitea >

Detailed derivation of IR and IC can refer to Appendix B,
available online.

IV. NUMERICAL SIMULATIONS

To evaluate the effectiveness of the proposed DeRelayL sys-
tem, we conduct a numerical simulation regarding bidding and
matching of model owner and trainer, depositing, model training,
performance ranking, block mining, as well as the corresponding
incentive issuing. The numerical simulation mainly investigates
two aspects, including sustainability and accessibility. Open-
source simulation codes are available at https://github.com/
Tengfei-Mal3206/DeRelayL._Simulation.
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TABLE III
SIMULATION PARAMETERS SETTING

Simulation Parameter Description Value

Total number of participants 256
Number of candidate miners in each round 128
Number of MOs and candidate Ts 128
Maximum number of Trainers cooperated by an MO 4
MO’s budget 0.001 (coins)
Probability of successful model training by T 0.9
Number of testing data cases packaged by TBM 100
Proportion of Ts selected as successful model trainers 0.5

Reward base for miners, including Rpeposit, RHashM» 0.001 (coins)

REncryptede 7?rCasm RVeriﬁedMa 7zVerify

A. Experimental Settings and Procedure

In this subsection, we will discuss the experimental settings
and procedure. To better explain the numerical simulation, we
provide Table III to list the parameter settings. The detailed
procedure of the numerical simulation is as follows:

(1) Role Allocation: The first step is to randomly allocate
the roles of all participants, e.g., randomly selecting Ts. In this
simulation, we assume that the total number of participants in the
DeRelayL system s fixed at Qoalparticipants = 256. Among them,
the number of miners in each round is fixed at Qyfiners = 128. The
remaining participants are potential MOs and Ts, with the num-
ber being QMO&T = QTolalPa.rticipants - QMiners = 128. SPeCiﬁ‘
cally, the MOs were determined based on the previous round,
since the MOs in this round were the Ts who luckily ranked at
the top positions during the model performance evaluation in
the last round. Moreover, for the cold start, we set that only the
initiator of the genesis block serves as MO in the first round.
Since each MO has limited capacity, we assume that they can
only collaborate with up to QselectionLimit = 4 Trainers in each
round.

(2) Model Owner and Trainer Bidding: After determining the
candidate numbers for each role, MOs and T's start the bidding as
discussed in Section III-C1. The MO’s bidding strategy is based
on a fixed budget, where we directly set Budgetyo = 0.001,
representing the number of coins the MO possesses, denoted as

(QcoinsownedBymo- Therefore, the MO deposits for each Trainer

in( Budgetyo, Qco .
can be calculated by min(Bu gés“fol_QL?“‘_“fOW““'ByMO). Then, the bid-
electionLimil

ding strategy for each T is based on the difference in model
versions. We present the latest model version as Viaest and T’s
current version as Vil , and we assume the number of coins
a T owns is QcoinsowneaByt- Therefore, the bidding deposit is
giVCI] by min(QCoinsOwnedByT7 VLatest — VI\},:)W + 1), which means
that the older the model version T has, the higher the motivation
to place a larger bid. This setting accords the effective deposit
(T7 discussed in Section III-C2) to prevent Ts from receiving
the latest model without training or broadcasting the model.
(3) Model Owner and Trainer Matching: After bidding, MO
and T can be matched based on the deposit. We assume the
matching process follows a simple greedy algorithm discussed
in Section III-C1. In this case, MO will sort Ts in descending
order based on the model performance from the previous round,
and T will sort MOs based on the number of deposit coins. The
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first MO selects the top QselectionLimit TS, the second MO selects
the next QselectionLimit 1S, and so on, until all MOs or Ts have
found a match participant.

(4) Success of Model Training: After MO and T matching, a
miner is randomly selected from the previously grouped miners
to complete the PoW mining and is designated as DBM (Note
that the “random selection” of the miner is to simulate the
winner of PoW mining, rather than random selection in practical
implementation). The DBM includes the deposit records into
the DeRelayL blockchain. Afterward, Ts involved in the deposit
start to train the model. To simulate the potential accidents that
might happen in practice, we assume that Ts have a probability
Of Priraining = 0.9 to successfully train a new model, while the
remaining Ts may fail to train the model due to various reasons.

(5) Performance Ranking: An EBM is randomly selected from
the miners to include FHE keys to the DeRelayL blockchain.
Following this, a randomly selected TBM includes a fixed
number (Qcases = 100) of testing data cases into the DeRelayL
blockchain. Similarly, a randomly selected SBM includes the
testing results to the DeRelayL blockchain. Finally, from those
who successfully trained new models, we assume that a fixed
proportion of Ts (s = 0.5), with flooring applied, are selected to
be regarded as successful trainers (i.e., rank in the top positions).
Also note that the “random selection” of the miners is to simulate
the winner of PoW mining, rather than random selection in
practical implementation.

(6) Incentive Issuing: Based on step (5), the DeRelayL system
will issue rewards to the MO and all predecessor MOs up to the
genesis block owner (additional citation reward as discussed in
Step (11) of Section ITI-B), each receiving one (C), where every
successful model selection triggers this reward. Moreover, the
corresponding incentives (such as mining reward, testing data
reward, FHE key generation reward, etc.) will also be settled in
this step. Note that, in this simulation, the base reward for miners
is set at 0.001 coins, and we simply assume that no one adopts
strategies other than “Normal” due to the IR and IC ensured
in Section III-C2, because the mistakes would lead to forking
by honest participants, which will be more effective to exclude
them from the simulation in this study. In future research, the
consequences of forking in DeRelayL is a promising topic that
can be further investigated to discuss its unique attributes and
effects.

B. Sustainability

The core motivation of the proposed DeRelayL is to build
a sustainable decentralized learning system, which means that
the design of a sustainable training system must first ensure
that it remains operational, i.e., participants have incentives to
continue their involvement. In detail, a participant’s willingness
to be involved largely depends on their estimated future rewards.
Under stable conditions, with no abrupt changes in rules or
participant behavior, their future rewards can be estimated using
historical data. Therefore, we measure past rewards in terms of
coins accumulated, as the cost of each training round is roughly
constant. Then, we plot the changes in coin quantity for each
participant as rounds progressed in Fig. 3. The observed trend
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1e6 Coins per Participant Over Rounds
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Fig. 3. Coins per participants over rounds.

indicates that the growth rate of coins accelerates over time,
demonstrating the sustainability of the proposed DeRelayL,
where all participants have positive estimated future rewards
to continue their involvement. To further explain this result, we
provide a simple proof:

As discussed in Section IV-A, we assume that model ver-
sions are iteratively updated by selecting from all partici-
pants in a round-robin fashion, and every participant suc-
cessfully uploads their trained model periodically. Simply
assume that there are Qparicipanis participants, denoted as
P, Py, Piy .o PQpip - Moreover, we consider a sin-
gle DeRelayL blockchain where models are represented by
My, Moy, ..., M, ..., Mg,.., where each successive model
is trained based on the previous one.

We focus only on the additional citation reward as discussed in
Step (11) of Section III-B, which has the greatest impact on coin
accumulation. Due to the IR and IC ensured in Section III-C2, we
assume all participants train diligently. Thus, we map each par-
ticipant P; to models M; , M+ Quucipans : Mip+2- Qpasicipanss > * * +»
and the mapping relationship satisfies i,, mod Qparticipants = %p-

When participant P;  trains and uploads a model for the z-th
time, the number of coins Qcoips they receive is:

QCoins - QParlicipams +2- QParticipants +- (.’ﬂ - ]-) : QParticipams

_ 17(:17 1)2QPart1c1pams _ 0(12) _ O((Zm)z)
where the round number here equals %, =i, + (z —1)-
Qparicipanis- Therefore, if every participant actively engages in
training, their Qcoins grows quadratically with the number of
rounds, implying that the coin accumulation rate accelerates over
time. Detailed annotations can refer to Table IV.

5)

C. Accessibility

Besides the sustainability of DeRelayL, it is also crucial to
ensure participants can obtain the trained models, denoted by
accessibility, which fits the motivation that participants can train
and share the model together. To analyze the accessibility, we
plot the model version distribution over rounds, as shown in
Fig. 4. In this figure, we illustrate the percentage of participants
who possess the models of the latest 10 versions (“Latest-v” in
Fig. 4 denotes the model of the v-th version before the current
version), older versions, or none. Note that the performance
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TABLE IV
KEY ANNOTATIONS FOR THE NUMERICAL SIMULATION
(IN THE ORDER OF APPEARANCE)
Variable Description
QTotalParticipants Total number of participants
QMiners Number of candidate miners in each round
Qmo&T Number of MOs and candidate Ts
QselectionLimit Maximum number of Trainers cooperated by an MO
Budgetyo MO’s budget
QCoinsownedBymo | Number of coins owned by MO
Wiatest Latest model version
VI\?:)W Current model version owned by T
QCoinsOwnedByT Number of coins owned by T
P Training Probability of successful model training by T
QCases Number of testing data cases packaged by TBM
s Proportion of Ts selected as successful model trainers
QParticipants Total number of participants
P, Participant indexed by ;.
M; Model version of the %, -th training round
QModel Number of models
im Model index of training round
ip Participant index of training round
T The z-th time the participant P; , trains and uploads a model
QCoins Number of coins received by a participant
QLastMO Number of MOs in the previous (last) round
QLastT Number of Trainers in the previous (last) round
Qmo Number of MOs in the current round
Qr Number of Trainers in the current round
N, Number of Trainers in round r
Model Version Distribution Over Rounds
100 B Latest
g % . Laest ]
G:’ 80 BN Latest-2
‘g’ BN Latest-3
Bl 70 BN Latest-4
g 60 BN Latest-5
£ 50 — Latest-6
k] Latest-7
£ 40 Latest-8
g 30 Latest-9
S 20 Latest-10
£ 10 Older

None
10 20 30 40 50 60 70 80 90 100
Round

Fig. 4. Model version distribution over rounds.

of models within the same version is approximately consistent
from a global view. Fig. 4 illustrates that all participants can
possess models after rounds of training, and their owned models
are kept updated following the system operation. Moreover,
after convergence, the possession percentage of model versions
tends to be stable, because the trainers possessing older models
will tend to bid higher to compete for the training opportunity,
while those possessing recent models may have less incentive
to compete against them. Therefore, the models will naturally
be distributed as evenly as possible among all participants. To
explore this phenomenon, we also conduct a brief proof:

We denote the number of MOs from the previous round as
QLastvo» and the corresponding number of trainers is:

QLastt = min (Q 7081 — QLasimos QLastmo * @selectionLimit)
(16)
In the current round, the number of MOs is:

Qmo = 5 - Qragt

s - (min (Qmog&r — Qrasmo, Qrastvo - @selectionLimit) )
(17)
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And the number of trainers in the current round is:

(18)

Since Qnro& 1 s fixed, and Qr initially grows but is eventually
bounded by Qpo&r- Therefore, after convergence, we can
obtain:

Qr = min (Qrroer — @m0, QM0 - @selectionLimit)

Qr = Qumoer — Qmo = Qnmoer — 8 QLastt (19)
Let the number of trainers in round r be N,., we can obtain:
Nyy1 = Quogr — s Ny
= Quoer - (14 (=s)+ (=s)* + -+

+(=8)" N,

+ (_S)ifl)
(20)

Since 0 < s < 1 is the proportion of Ts selected as successful
model trainers, as ¢ tends to infinity, we can obtain:
1 Quogr

N = . =
r41 QMO&T 1+s 1+S

ey

where % is also fixed, indicating that the number of
trainers remains stable at this value across the training rounds,
thus the phenomenon observed in Fig. 4 can be demonstrated.
Furthermore, the fluctuations in Fig. 4 are due to the probabilis-
tic settings of each trainer to simulate unexpected failures of
training. Detailed annotations can refer to Table I'V.

V. DISCUSSION

By further clarifying the details of the proposed DeRe-
layL paradigm, we selected some representative and con-
cerning points to conduct a comprehensive discussion in this
section.

A. System Anonymity

In most public blockchain systems (e.g., Bitcoin [47]),
anonymity is a key feature designed to mitigate the risk of
a 51% attack, which means an entity controlling over 50%
of the network nodes could potentially alter the blockchain,
compromising its tamper-proof nature. However, in DeRelayL,
the necessity for strict anonymity seems to be less critical due
to the distinct target of the DeRelayL blockchain compared
to general public blockchains. Specifically, the primary value
of public blockchains lies in cryptocurrency, and any breach
of consensus (such as a 51% attack) would lead to a collapse
in value. In contrast, the DeRelayL blockchain’s value resides
in the trained models, meaning that a 51% attack would not
yield additional profit. Even if an attacker gains control over the
DeRelayL blockchain, they cannot meaningfully promote the
model improvement, since the actual training is conducted by
independent third-party trainers. In this case, the implications
of a 51% attack differ from those in public blockchains. For
example, if such an attack occurs during Round,,, the model
performance published in Round,,_; remains unaffected, be-
cause itis an objective measure that is independent of blockchain
consensus. For subsequent rounds, recognizing the 51% attack,
honest participants can fork the blockchain or create a new
blockchain-based on the model from Round,,_1, ensuring the
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continuity of the latest models without any loss (detailed discus-
sion on forking is provided in Section V-B).

From another perspective, the DeRelayL system is adaptable
to different blockchain architectures. In this paper, we utilize
a PoW consensus model to enable permissionless participation
in model training and system maintenance. However, DeRe-
layL can also be deployed on a consortium blockchain, where
participants are pre-approved by a governing committee. This
verification process may eliminate the anonymity of partici-
pants, supervising honest behaviors. In this case, some steps
in the DeRelayL. workflow can be simplified. For instance, a
consortium blockchain could employ consensus mechanisms
other than PoW to reduce computational costs associated with
block mining. Additionally, approved participants could trans-
mit plaintext model data directly, which will also effectively
reduce the resource overhead discussed in Section VI-A.

In summary, the DeRelayL paradigm does not strictly empha-
size anonymity during system operation and can be adapted to
various scenarios through appropriate modifications.

B. Blockchain Forking

As mentioned in Section V-A, the DeRelayL blockchain is
designed to support flexible forking in the event of attacks or
unexpected issues. Therefore, it is important to consider the
potential impact that the forking of the DeRelayL blockchain
will result in. In general public blockchains (e.g., Bitcoin [47]),
forking leads to the creation of subchains, and miners must
decide which subchain to follow. In theory, miners will tend to
follow the longest valid subchain (or longest valid chain), which
represents the most computational workers (in PoW systems)
or the greatest stake (in Proof of Stake (PoS) systems). This
rule helps protect the blockchain against attacks such as double
spending and ensures that honest participants who follow the
protocol can prevail over malicious users.

In the case of DeRelayL, normal operations will not be af-
fected by forking in terms of model performance improvement.
This is because the common model training process is inherently
iterative, and model performance naturally fluctuates across
training epochs. Generally, the training rounds in DeRelayL can
be viewed similarly, where each forking represents an explo-
ration of different potential paths toward a global optimum, and
each block within a subchain represents a local optimum along
that journey. Additionally, when considering the longest valid
subchain, the risk of double spending seems to have minimal
impact on the normal operation of the DeRelayL system. For
instance, if the DeRelayL system allows forking in Round,,,
malicious users might attempt to double spend by depositing
in one subchain with one model owner and in another subchain
with a different model owner, aiming to exchange the same coins
for multiple models. It seems that malicious users can obtain
many models through the double spending attack. However, the
models they obtain will be from the same version of Round,,,
which will have comparable performance from a global aspect.
Furthermore, the dishonest behavior will be recorded on the
blockchain, and their deposits will not be returned, preventing
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the attackers from joining in subsequent training rounds and
obtaining newer models.

Thus, the forking of DeRelayL exhibits different attributes
compared to general public blockchains. However, to seriously
investigate the consequences, it is necessary to conduct a dedi-
cated study focusing on its unique features and effects.

C. Necessity of the Four-Stage Process

In this paper, we propose a four-stage process of the DeRe-
layL, including Deposit Block (DB), Encryption Block (EB),
Testing Block (TB), and Settlement Block (SB), which is de-
signed to ensure the integrity, consistency, fairness, and security
of the training and evaluation process. We consider that each
stage serves a distinct function that cannot be combined without
compromising the system’s objectives. The detailed schemes
will be discussed as follows:

(1) Combination of DB and EB: In the DB stage, both the train-
ers and model owners are committed to the process, preventing
dishonest behaviors like the trainers stealing the model weights
or the model owners failing to provide the model weights. If the
DB miner and EB miner were the same entity, the model would
be registered after passing through the DB process, but this
could result in inconsistencies between the tested and the trained
models. In this case, the separation of DB and EB ensures that
the model’s hash value is determined independently, preventing
any tampering or unintended changes. On the other hand, the EB
stage is initiated after DB to enable the selection of a new miner if
needed, ensuring that the process remains decentralized and fair.
Thus, if DB and EB were combined, it would be harder to replace
a dishonest participant, leading to potential manipulation.

(2) Combination of EB and TB: EB and TB cannot be com-
bined because the testing data cannot be released during the EB
stage before the model’s hash (Hash(MPF)) is fixed. Allowing
this would risk overfitting, as the model would have access to the
test data before the final evaluation, which means that the model
trainers can use the testing data to fine-tune their models so that
they can have better evaluation scores. Moreover, the TB stage
also prevents unfair testing data cases by separating the training
and testing phases, ensuring that the testing data is unbiased,
which is crucial for fair evaluation.

(3) Combination of TB and SB: If TB and SB were combined,
it would be possible for a malicious participant to manipulate
the testing data to artificially boost a specific model’s ranking.
To mitigate this, the PoW mechanism [47] randomly selects
the TB miner, ensuring that no single entity can control the
process in the long term. Moreover, the SB stage serves to
prevent unfair performance testing, ensuring that the model’s
evaluation is independent and accurate. Additionally, waiting
until the model training is completed before the TB and SB
phases helps avoid cheating, such as manipulating testing cases
before evaluation. Therefore, the fact the same TB miner and
SB miner could allow one entity to potentially manipulate both
the test and score phases.

In summary, the four-stage process is essential for maintain-
ing fairness, preventing dishonest behavior, and ensuring the
integrity of the system.
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D. Consensus Mechanism

As mentioned in Section III-B, we utilize the Proof of Work
(PoW) [47] consensus model for block generation as an example
by default. In our system, PoW is primarily used to maintain the
randomness of miner selection, which helps prevent collusion
and ensures the integrity of the consensus process. However,
other consensus mechanisms capable of maintaining similar ran-
domness can also be employed, while PoW is preferred due to its
well-understood and established properties. The computational
difficulty of PoW in this context can be adjusted by modifying
the difficulty of solving the cryptographic puzzle [51]. In this
case, the adjustment allows the system to control the time taken
for block generation, ensuring consistency in the block creation
process. It is worth noting that, a key distinction from Bitcoin’s
PoW is that, while Bitcoin’s PoW is primarily used to control
the time interval between blocks, the focus in DeRelayL is more
on maintaining randomness in the selection of participants for
training. This setup reduces the likelihood of malicious actors
benefiting from any potential system collapse, ensuring that no
participant gains at the expense of others.

On the other hand, the primary purpose of PoW in this system
is to randomly select a miner, but ensuring the security of the
system against attacks involves more than just this random selec-
tion, such as the 51% attack [52]. A 51% attack would typically
occur if a malicious entity controls the majority of the network’s
computational power and can alter the consensus [52]. However,
in DeRelayL, as long as the majority of miners are honest, even
if a dishonest group successfully mines a block, their blocks
will be discarded by the network. This is because the system
relies on the assumption that the majority of participants will
act honestly and that any block mined by dishonest individuals
will eventually be rejected by the honest majority. Furthermore,
the integrity of the system depends on the assumption that the
honest majority will always outweigh any dishonest minority.
If a dishonest majority were to emerge, they would likely be
phased out over time as the system evolves, especially given that
participants are incentivized to act honestly in order to receive
rewards or maintain their reputation within the network. The de-
centralized and distributed nature of the blockchain, along with
the transparent consensus mechanism, ensures that any attempt
to subvert the system by dishonest actors is self-limiting, as their
blocks would not be accepted by the majority of honest miners.
In fact, to further strengthen the security issues, additional
mechanisms, such as staking or reputation systems [53], could
be introduced to discourage dishonest behavior and incentivize
honest participation, ensuring that the network remains secure
and trustworthy even in the event of potential attacks.

E. Potential Real-World Applications

Currently, large model training mainly relies on crawling
corpora from the Internet (e.g., models like GPT-3 [54] and
Llama 3.1 [55]), while the data/knowledge contributors can-
not share the profits of large models. This approach leads to
a significant drawback: the model trainers find it extremely
difficult to obtain data that is not available online, while the
data contributors are not willing to contribute knowledge to
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the Internet. A real-world case has occurred that some artists
have refused to share their artworks with model trainers [4],
further highlighting the limitations of relying on Internet-based
data collection. Therefore, DeRelayL’s potential impact lies in
creating a decentralized training paradigm. By allowing the
exchange of model usage rights for data, DeRelayL intends to
boost the richness of training data. In this case, a wider variety
of data from different offline sources can be integrated into the
training process, such as specialized industry datasets, personal
diaries, and private research findings. Since this mechanism does
not require a large amount of capital injection to purchase data, it
reduces the economic cost of further enhancing the performance
of large models. Moreover, the cost-effective approach also
makes it more accessible for a broader range of participants,
including small-scale research teams and individual developers,
to contribute to and benefit from the development of large
models. Therefore, the DeRelayL system can not only increase
individual influence on the development of large models but
also help prevent large companies from monopolizing the values
embedded in large models.

VI. LIMITATIONS AND FUTURE RESEARCH TOPICS

However, it is necessary to point out that the DeRelayL is still
in its early stage, and there are several limitations that remain to
be completely addressed in the future.

A. Resource Overhead

In this paper, we employ fully homomorphic encryption
(FHE) [45] to transmit model weights, where FHE is an encryp-
tion scheme that enables analytical functions to be run directly
on encrypted data while yielding the same encrypted results as
if the functions were run on plaintext data [46]. The purpose of
utilizing FHE is to evaluate the performance of trained models
without exposing the model weights. However, our theoretical
framework assumes an ideal scenario where the computational,
memory, and storage overhead of FHE is acceptable. In prac-
tice, high computation and memory overhead make FHE com-
putation over 10,000x slower than unencrypted computation
on conventional computing systems that process unencrypted
data [46]. This substantial overhead also increases the cost
of transmitting encrypted models, as it requires significantly
more memory, storage, and internet traffic. Additionally, FHE
computations may introduce small errors that accumulate over
FHE operations performed, leading to approximate rather than
precise results [45]. Consequently, FHE is less suitable for ap-
plications requiring high numerical precision, such as scientific
computations, due to its reliance on polynomial approximations.

Therefore, to implement the DeRelayL. system effectively,
several challenges must be addressed: (1) The computational,
memory, and storage overhead of FHE needs to be reduced,
potentially through the development of more effective FHE algo-
rithms. While specialized hardware can significantly accelerate
FHE operations, it may not be accessible to common users, lim-
iting their ability to participate in the DeRelayL system. (2) Due
to the storage demands of FHE, broadcasting encrypted models
poses a challenge for common users. A potential solution is that
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trainers can upload encrypted models to decentralized storage,
and then broadcast only the storage addresses to other partici-
pants, avoiding the significant transmission costs associated with
P2P communication. (3) The trade-off between FHE resource
overhead and the precision required for performance evaluation
should be further explored, since it is intuitive that reducing
numerical precision could simplify FHE operations, thereby de-
creasing resource consumption. (4) Alternative methodologies
for evaluating the training process should also be investigated.
The motivation for using FHE is to prevent model weight leakage
during performance evaluation. Thus, we consider that the ap-
propriate utilization of technologies like zero-knowledge proof
(ZKP) may also provide solutions to the proposed scenario of
DeRelayL. ZKP is a cryptographic method that allows one party
(i.e., the trainer) to prove to another party (i.e., the SBM) that
they know a piece of information (i.e., the performance of a
trained model) without revealing the actual information itself
(e.g., the exact model weight) [56], [57]. Additionally, other
cryptographic techniques that achieve similar objectives can also
be considered to improve the DeRelayL system.

B. Model Size Dilemma

In this paper, we assume that the model size (or specific model
architecture) is fixed at the creation of the genesis block. This
assumption is reasonable, since a fixed model can standardize the
programming interface for each participant, lowering the barrier
to joining the DeRelayL system. However, according to scaling
laws [2], [3], model size influences the upper-performance limit.
Therefore, over many rounds of training, a fixed model size will
eventually reach its performance ceiling, where further training
yields diminishing returns. In this case, the DeRelayL system
meets the model size dilemma, where model improvements
are minimal no matter how to conduct the continued training,
making the resource costs associated with training unworthy.
Consequently, our mathematical modeling of DeRelayL does
not consider a stop condition when the cost of model training
exceeds the incremental value gained from the model improve-
ment.

Additionally, it is necessary to establish mechanisms for
dynamically enlarging the model size without initiating a new
DeRelayL blockchain. Several critical challenges need to be
addressed: determining who will be responsible for manag-
ing model size enlargement, identifying the appropriate tim-
ing/block/round for implementing the larger model, and defin-
ing the optimal size for the new model. Furthermore, the per-
formance change associated with model enlargement must be
carefully evaluated, and suitable technologies must be identified
for transferring knowledge from the previous model to the
new one. Correspondingly, the responsibility for executing this
knowledge transfer and evaluating its performance must also
be clearly defined. Therefore, the dynamic adjustment of model
size remains an open research topic in the DeRelayL.

In practice, the model size dilemma is an extreme case
that would only append after a significant number of train-
ing rounds, which would require a considerable amount of
time to achieve. Theoretically, over such a long period, other
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DeRelayL blockchains with higher expected performance would
emerge, attracting rational participants to migrate to these new
blockchains. However, this transition would lead to another
dilemma: a senior participant in the old DeRelayL blockchain
would become a freshman in the new one, which makes the
accumulated contribution of the senior participant in the old
blockchain useless. Therefore, the model size dilemma of the
DeRelayL paradigm and its associated challenges are worthy of
further research and investigation.

C. Training Time and Training Data Dilemma

In the DeRelayL system, the training time for each round
is dynamically adjusted to optimize training efficiency and
performance. The duration is automatically set based on the
minimum time required to achieve a positive increment in model
performance. If the training time is too long, it may indicate that
the training process is inefficient, leading to unnecessary re-
source consumption. On the contrary, if the duration is too short,
there is a risk that the model’s performance may not improve,
resulting in the efforts of the trainers ineffective. To this end, the
system should prioritize the final outcome, the real growth in
performance, rather than focusing too heavily on the specifics
of the training process itself. We consider that the “valuable”
data can be evaluated by whether it could quickly improve the
model’s performance. For example, for large datasets, the system
encourages trainers to break their datasets into smaller, more
manageable parts, each of which can contribute to rapid perfor-
mance gains. This approach may ensure that trainers with larger
datasets can participate multiple times and continue to benefit
from the model’s improvements. Therefore, how to adjust the
training duration according to performance increments and data
value is an important challenge, which influences the fairness
and efficiency of collaborative training in the DeRelayL system.

Besides the training itself, we also notice that the true value
of utilized data may not be immediately reflected in the model’s
performance in the current round, which may discourage partic-
ipants who possess high-quality data from contributing. There-
fore, how to effectively reflect the contribution of the participants
can be further studied in the future, e.g., by applying data
valuation-related approaches [58].

VII. CONCLUSION

In this paper, we propose a novel collaborative learning
paradigm, named Decentralized Relay Learning (DeRelayL), a
sustainable decentralized learning system where permissionless
participants can contribute to model training in a relay-like man-
ner and share the model together. We introduce the architecture
and workflow of DeRelayL. and incentive mechanisms to en-
sure sustainability. Moreover, theoretical analysis and numerical
simulations are conducted to demonstrate the effectiveness of
the proposed DeRelayL. At last, we provide comprehensive
discussions of DeRelayL regarding promising research topics
in the future. In summary, the proposed DeRelayL training
mechanism aims to solve the challenge of motivating widespread
participation in large-scale model training, especially by encour-
aging individuals to contribute data that is not readily available
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on the Internet. If this mechanism operates effectively, it could
lead to a more equitable distribution of the benefits derived from
Al, where participants actively influence and benefit from the
intelligent Big Data era they help create. We expect that our
insights can inspire related studies into decentralized collabora-
tive learning systems that empower common users, fostering a
fairer, more sustainable digital ecosystem, where data creators
have greater control and can benefit from the Al models they
help develop.
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APPENDIX
A. Utility Formulation

This section presents the detailed derivation regarding the
utilities of different participants’ strategies, and the final for-
mulations are listed in Table II. Since the formulation involves
lots of parameters, we summarize the key annotations listed
in Table I for better understanding. The utility formulation is
following with Section III-C2, and the extended derivation is
shown as follows:

(1) Model owner (MO): The utility of MO can be denoted
as:

_ RZMO . C]\/[O

UMO

oMo (22)

_ pMO
- RNOW + RFulure Transmit

where RO and RMO. refer to the 4) additional citation
reward as discussed in Step (11) of Section III-B. RNOW i
the citation reward of the current round, and RMQ  is the
revenue of the future rounds, which will be calculated as a
geometric series since the future revenue has a discount rate.
For the cost, MO has deposit cost CDepom for each round, but
the cost is likely to be returned if the selected trainers behave
normally. Moreover, MO also has transmission cost CAO
when sending the model to the selected trainers.

The strategy set of MO is {Normal (N), Not Transmitting
(NTm)}, where “Not Transmitting (NTm)” is an abstract
presentation of dishonest behavior, including transmitting fake
weights, etc. The utilities of different strategies are formulated
as follows:

(1.1) MO with N:

The revenue of MO with N is given by:

R RNOW + RFuture

CDeposn

Qévéeomed B - Rcited

1-p5

QSelected Reited + (23)
MO )
_ QSeleCted * Reited

1-p

where Qéfleomed is the number of selected models of MO, and
Rcited 1s the revenue for citation reward. Kindly remind that we
designed a mechanism to reward the citation of good models,
discussed in 4) additional citation reward of Step (11) in
Section III-B, and it should have a discount rate 0 < 5 < 1
when calculating the future revenue. In summary, the final
formula of RM© is presented as the sum of geometric series,
i.e., the total expected revenue for citation reward in now and
future.
The cost of MO with N is given by:

MO
c CDepmlt CTrammlt

= QSelected . (1 - 5) ' bI\/IO + kTransmit . |M|

where selected 1S Number of selected trainers and pMO g
MO’s deposit cost for one trainer, determined by Algorithm
1 in Section III-C1. And 0 < s < 1 is the proportion of
selected qualified models. Kindly remind that, to alleviate the
lazy workers, we design a mechanism that only the trained
models which have performance ranking in top-K can return
the deposit cost for both original model owners in 3) returning

(24)

qualified deposit of Step (11) in Section III-B. Here, we
use 0 < s < 1 to denote the proportion that can pass the
performance comparison for better generalization. Therefore,
Qselected * (1 — 5) - BMO is the expected deposit cost of MO.
Moreover, ktansmit 1S the transmission cost coefficient, and | M |
is the number of parameters in the model, SO Ktansmit - | M| can
denote the transmission cost.

Therefore, the utility of MO with N can be formulated as:

UMO — pMO _ MO

QMO . RC‘t J M
— CSeclected TR0 QSeleCted (1 - 8) b ©

(25)
1-p
- kTransmit : ‘M |
(1.2) MO with NTm:
The revenue of MO with NTm is given by:
RMO = (26)

which means T cannot obtain original models to train, so MO
also cannot obtain any citation reward.
The cost of MO with NTm is given by:

Q bM O
Selected *

bMO

C CDepoqltLosq (27)

which means that the deposit of MO is will lose, if the
MO behave dishonestly. Moreover, since the MO have selected
Qselected Ts, the deposit loss will be Qserected - 0.

Therefore, the utility of MO with NTm can be formulated
as:

MO
UNTm -

7QSelected . bMo
(2) Trainer (T): The utility of T can be represented as:
UT = RT - CT = Rlz;ow + Rlzzjture

- C('I‘rain -

(28)

(29)

T T
CDeposil - CRecM - C(Encrypl - CBroadcast

where R, is the revenue of the current round, which contains
the revenue of the received model from MO R{.., and the
revenue of the model trained by T RL . .. And RL,.. is
the future revenue for additional citation reward, similar to
MO. The cost of T consists of five parts: 1) model training
cost Crpain; 2) deposit cost CDepom, which will be returned if
behaving normally; 3) cost of receiving the model from MO
CﬁcM; 4) FHE encryption cost of trained model Cgnerypi; 5)
cost of broadcasting encrypted model Cgoadcast-

The T may choose to not train the model (NTr) or not
broadcast the trained model (NBr), so the strategy set of T is
{Normal (N), Not Training (NTr), Not Broadcasting (NBr)}.
The utilities of different strategies are formulated as follows:

(2.1) T with N:

The revenue of T with N is given by:

T T T
R = RNOW + RFuture
= (RReCM + RTrainedM) + R(jj;ted

T
8- Rcite
= [(VRBCM - VI\,%:)W) . © + 1 . @] + QSeleC[ei ;3/3 Clited
(VRecM VNow + 1) © 4 QSelectedl fﬁRCzted
(30)
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where VReeM — VI\?;W denotes the version gap between the
received model (the latest model) and the model that T has
already owned (the out-of-date model), and we introduce (C)
to denote the value of knowledge gap between two adjacent
model versions. The second term is the additional citation
reward, similar to the MO, which is presented as the sum
of geometric series based on the discount rate 0 < 5 < 1.
The cost of T with N is given by:

CT = CTrain + Cgeposjt + C]%LCM + CEncrypt + CBroadcasl
= Peomp* D -7 |M|+ (1 —s)-b"
+ kTransmit : |M‘ + kEncwpt ° ‘M|

+ QBroadcast : kTransmit : kExpand . |M |

€2y

where Fcomp is the price of computational resource, D rep-
resents the training data size, 7 is the training duration, and
|M| denotes the number of parameters in the model, so the
first term is the training cost. Then, 0 < s < 1 denotes the
proportion that can pass the performance comparison, thus
(1—s)-bT is the expected deposit cost. Moreover, kTransmit i
the transmission cost coefficient, kgncrypt is the FHE encryption
cost coefficient, so the transmission cost and encryption cost
can be presented. At last, roadcast 1S the number of transmis-
sions in broadcasting, Kgxpana is the expanding coefficient of
model parameter number after FHE, and the aforementioned
parameters can calculate the broadcasting cost.
Therefore, the utility of T with N can be formulated as:

Uy =R - 0"

QLiecea” R ite
= (VRecM - VI\,}Z;W + ].) . © + QSClCCtCii _Bﬁ Cited
- [Pcomp.D'T'|M‘+(1_S)'bT+kTransmit'|M‘

+kEncrypt . |M| + QBroadcast : kTransmit ‘ kExpand : ‘M”

(32)
(2.2) T with NTr:
The revenue of T with NTr is given by:
R"'=R
RecM (3 3)

= (VRecM - VI\?;)W) ’ ©
VT

where (VreeM — Viow) (O is the value of the version gap
between the received model (the latest model) and the model
that T has already owned (the out-of-date model).

The cost of T with NTr is given by:

T _ AT T
c = CDepositLost + CRecM

(34)
- bT + kTransmit . ‘M|

where b7 is the deposit of T, which will be lost since the T
has failed to train. Moreover, the T has the transmission cost
Etransmit - | M| for receiving the model from MO.
Therefore, the utility of T with NTr can be formulated as:
Uk, = R~ C7
- (VRCCM - V[\?;w) . © - bT - kTransmit . ‘M|
(2.3) T with NBr:

(35)

19
The revenue of T with NBr is given by:
RT = RRecM + RTrainedM
= (VreeM — Vow) - © +1-© (36)

= (VRecM - Vl\?;w + 1) . ©

where the Ts have finished the model training, so they will
have one more (C) compared with “Not Training”.
The cost of T with NBr is given by:
CT = CTyain + CgeposilLosl + CI{eCM (37)
:PComp'D'T'|M| +bT+kTransmit'|M|

which has the training cost and transmission cost for receiving
the model from MO, and the deposit of T bT will also be lost.
Therefore, the utility of T with NBr can be formulated as:

Uk, = RT - CT
= (Vkeem — Vaiow + 1) - ©
- [PcOmp D7 [ M|+ b" + Frvansmic - |M\]
(3) Deposit block miner (DBM): The utility of DBM is:

UDBI\/I _ RDBM _ CDBM

_ pDBM ‘
- Rlnclude - CMIIIE

(38)

(39)

where RPBM is the incentive of miners to include deposit
smart contracts as much as possible, so the revenue is
proportional to the quantity of included data. Cygpe is the
cost of mining the block, i.e., the computational cost of the
PoW consensus model. Note that, all miners (DBM, EBM,
TBM, SBM) have the aforementioned Rjyycjude and Chine. We
also simply assume the block generation intervals are almost
identical for all stages, thus the Cyye is almost fixed.

The DBM may choose to pack partial deposit smart con-
tracts (NPA) or pack improper ones (PI), thus the strategy set
of DBM is {Normal (N), Not Packing All (NPA), Packing
Improper Deposit Contracts (PI)}. The utilities of different
strategies are formulated as follows:

(3.1) DBM with N:

The revenue of DBM with N is given by:

DBM _ pDBM
R - Rlnclude

(40)
= QDeposit ’ RDeposit
where Qpeposic 1S the number of deposit smart contracts, and
Rbeposit 18 the revenue to incentivize the DBM to pack deposit
smart contracts as much as possible. Under this setting, a
problem has emerged: what if a dishonest DBM packs invalid
smart contracts to cheat for additional revenue? Due to the
decentralized consensus of blockchain, other miners will check
the validity of packed content, so the dishonest DBM will be
recognized as “Packing Improper Deposit Contracts”. In this
case, other miners will build a new fork to invalidate the block
from a dishonest DBM, thus the corresponding dishonest DBM
will lose all revenues.
The cost of DBM with N is given by:

CDBJ\I

= C'Mine (4 1)

where Chyipe is the mining cost. Remind that all miners (DBM,
EBM, TBM, SBM) have the Cie, and we simply assume the
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block generation intervals are almost identical for all stages,
thus the Chine is almost fixed to all miners.
Therefore, the utility of DBM with N can be formulated as:

yDBM _ pDBM _ DBM
" 42)
= QDeposit : RDeposil - C'Mine
(3.2) DBM with NPA:
The revenue of DBM with NPA is given by:
RDBM _ pDBM
(43)

= QDepositLess ' RDeposit

where 0 < Qpepositiess < @beposit; Which means the DBM has
not packed all deposit smart contracts that broadcast in the
DeRelayL network, and Qpepositiess * Rbeposit 15 the including
revenue.

The cost of DBM with NPA is given by:
CDBAI = CMine (44)

where Chyipe s the mining cost.
Therefore, the utility of DBM with NPA can be formulated

as:
UDBM _ pDBM _ ;DBM
o (45)
= QDepositLess . RDeposit - C’Mine
(3.3) DBM with PI:
The revenue of DBM with PI is given by:
RPBM — ¢ (46)

where the dishonest DBM will not obtain revenue since the
cheating behavior will be recognized by other miners in the
DeRelayL system.

The cost of DBM with PI is given by:

CPPM = Cytine (47)
where Cyipe is the mining cost.
Therefore, the utility of DBM with PI is given by:
U DBM Cvae (48)

(4) Encryption block miner (EBM): The utility of EBM
is:

[EBM _ REBM _ HEBM
EBM

= REBM 4 Reem — Cwiine — Caoitien — CGenFHEKey

(49)

where REBM s the incentive of including trained models’

information, containing metadata and hash values. Since the
EBM is responsible for generating the FHE key pair, the
EBM can use the private key to decrypt encrypted models,
as discussed in Step (7) of Section III-B. Thus, Rgpgm is
the revenue for decrypting encrypted models of FHE, and
CEBM 1 is the cost for receiving the encrypted model (EB
can just receive the model with best performance). Cyipe 18
the mining cost, and Cgenrriekey is the cost of generating FHE
key pair.

The EBM may not generate an FHE key (NG) or send
a random number to disturb the training system. Thus, the
strategy set of EBM is {Normal (N), Not Generating FHE
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Key (NG)}. The utilities of different strategies are formulated
as follows:

(4.1) EBM with N:

The revenue of EBM with N is given by:

EBM EBM
R - RInclude + Rrupm

= QuashM - Rashm + (Veuem — VN]?,\? M) ©

where Quashm 1s the number of packed hash values of trained
models, and Ryasnm 18 the corresponding revenue. The second
term is a special revenue for the EBM, as discussed in Step
(7) of Section II-B, where (Veapm — VNO\? M @ is the value
of the version gap between the encrypted model (there are
lots of encrypted models are broadcast to the network, but the
EBM will tend to decrypt the model that ranks at top-1 during
the performance evaluation) and the model that the EBM has
already owned (out-of-date model).

The cost of EBM with N is given by:
CEBM _

(50)

C1M1ne + CRecFHEM + CGenFHEKey ( 51)

= C’Mine + kTransmi[ : kExpand . |M ‘ + C'GenFl-lEKey

where Chyine 18 the mining cost. If the EBMs want to obtain
the latest model, they will afford the transmission cost for
receiving the encrypted model, denoting as Krransmit * Fexpand *
| M|, where Ktransmic is the transmission cost coefficient, kgxpand
is the expanding coefficient of model parameter number after
FHE, and | M| denotes the number of parameters in the model.

Therefore, the utility of EBM with N can be formulated as:

UEBM REBJ\/I CEB]V[

= (Quashm - Retashm + (Verem — e M) - ©)

- (CMine + kTransmit . kExpand : ‘M| + CGenFHEKey)
(52)

(4.2) EBM with NG:
The revenue of EBM with NG is given by:

RFPM =0 (53)
where the revenue of dishonest EBM will be equal to zero.
This is because the invalid FHE key pair (e.g., randomly
generated numbers) will be recognized by other participants,
and rational participants will build a new fork to invalidate the
block from a dishonest EBM.

The cost of EBM with NG is given by:

CPPM = Chine (54)

where Cyipe 18 the mining cost.
Therefore, the utility of EBM with NG can be formulated
as:

UEB]U Cvae (55)

(5) Testing block miner (TBM): The utility of TBM is:

UTBM RTBM CTB]V[

56)
TBM (
= RInc]ude + RGenTDCases - C(Mine - C(Gen'l'DCases

where RLBM s the incentive of including information of

encrypted models using FHE, containing metadata and hash
values. The TBMs are responsible for generating testing
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data, so they will be rewarded RgenTpcases according to the
number of testing cases. Thus, there are corresponding costs
of generating testing cases CgenTDCases- Similar to other miners,
CMine 18 the mining cost.

For TBMs, they may upload improper testing cases (IT),
thus the strategy set of TBM is {Normal (N), Improper Testing
Cases (IT)}. The utilities of different strategies are formulated
as follows:

(5.1) TBM with N:

The revenue of TBM with N is given by:

RTBM _ RpTBM

Include + RGenTDCases (57)

= QEncryptedM : REncryptedM + QCases : RCase
where QEncrypieam 1S the number of packed hash values of
encrypted trained models after FHE, and Rgncrypieam 1S the
corresponding incentive for including the hash values. More-
over, (Qcases 18 the number of included testing data cases, and
Rcase 1s the corresponding incentive for generating the testing
data cases.
The cost of TBM with N is given by:

TBM
C = CMine + C(GenTDCases

= CMine + QCases :

where Chyipe is the mining cost. Moreover, the generation,
preparation, or collection of testing data also has cost, and
we use Comipeys. to denote the generation cost of the testing
data per unit/case, thus Qcases - Comtpeae 1S the total cost
for generating the testing data cases.
Therefore, the utility of TBM with N can be formulated as:
ULBM _ RTBM _ oTBM

Unit (58)
GenTDCase

= QEncryptedM : REncwptedM + QCases : RCase (59)
- OMine - QCases ' C(I}J;EFDCase
(5.2) TBM with IT:
The revenue of TBM with IT is given by:
RTBM =g (60)

where the revenue of dishonest TBM will be equal to zero.
This is because a dishonest TBM will be recognized by most
participants since the testing data is accessible to the public
that every participant can check, thus the rational participants
will build a new fork to invalidate the block from a dishonest
TBM.

The cost of TBM with IT is given by:

CTBM = CMine (61)

where the dishonest TBMs only have the mining cost Cyine,
since they will not truly prepare the testing data or just utilize
old testing data uploaded by other TBMs in the previous
training rounds.

Therefore, the utility of TBM with IT can be formulated as:

UM = (62)

1T - _CMine
(6) Settlement block miner (SBM): The utility of SBM
is:
[USBM _ RSBM _ SBM
- Rﬁglf\di + RVerify - C(Mine - C]i?]g\gEMs - C(Verify
(63)
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where RPEBM i the incentive of including verification con-
firmation details, containing metadata and performance index.
The SBMs are responsible for verifying the performance of
trained models, so they will be rewarded Rveiry according to
the number of verified models, corresponding to the cost for
receiving all encrypted models CREM L\, and verifying them
CVerity- CMine is the mining cost.

The SBM may not rank the trained models properly (IRa),
so the strategy set of SBM is {Normal (N), Improper Rank
(IRa)}. The utilities of different strategies are formulated as
follows:

(6.1) SBM with N:

The revenue of SBM with N is given by:

SBM __ pSBM ,
R = RInclude + RV@rlf}’

= QVerifiedM * Riverifieam + QVerifieaM * Qcases * Roverify
(64)
where Qverifieam 1S the number of verified models, and
Rverifieam 18 the corresponding incentive for including the
records. Moreover, the system will incentivize the SBM to
verify trained models based on the testing data provided by
the previous TBM. Thus, there is a revenue for verification,
where Qcases i the number of testing data cases, and Rverity
is the corresponding revenue for each case of verification per
model.
The cost of SBM with N is given by:

SBM SBM
C - CMine + CRecFHEMs + C(Verify
= CMine + QVeriﬁedM : kTransmit . kExpand : |M ‘
Unit
+ QVeriﬁedM : QCases : C\/erify

where Chyine is the mining cost. To verify the trained model,
there is a receiving cost of encrypted models for the SBM,
where Krpnsmic 1S the transmission cost coefficient, kgypand 1S
the expanding coefficient of model parameter number after
FHE, and |M| denotes the number of parameters in the model.
Moreover, the verification process has a computational cost,
where C{,Je‘}ii‘fy denotes the verification cost per testing data
case/unit.

Therefore, the utility of SBM with N can be formulated as:

U]A%']BM _ RSBJW _ CSBJ\I

(65)

= QVerifiedM - Rverified + QVerifiedM * Qcases = Rverify

- CMine - QVeriﬁedM : kTransmit : kExpand : |M |

- QVeriﬁedM : QCases : \lfjerliitfy
(66)
(6.2) SBM with IRa:
The revenue of SBM with IRa is given by:
R9BM — (67)

where the revenue of dishonest SBM will be equal to zero.
This is because a dishonest SBM will be recognized by most
participants, since everyone can check the correctness of the
ranking results. Therefore, rational participants will build a
new fork to invalidate the block from a dishonest SBM.

The cost of SBM with IRa is given by:

C9BM = Chtine (68)
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where the dishonest TBMs only have the mining cost Chipe,
since they will not truly receive or verify the trained models. If
the TBM has honestly finished the verification process, there
is no reason that a rational TBM improperly ranks the models
due to the huge cost of the verification process.

Therefore, the utility of SBM with IRa can be calculated

as:
U}S'RBM — RSB]W _ CSBJW
a
=0- C'Mine (69)
= _CMine

Overall, all utilities of different participants’ strategies were
formulated. Specifically, the final formulations of each strategy
are summarized in Table II of Section II-C2.

B. Theoretical Analysis

1) Individual Rationality (IR): To achieve IR in the DeRe-
layL system, all participants that choose the “Normal” strategy
should at least have positive utilities, which means that the
incentive provided by the proposed mechanism should lead to
Uﬁamcw @™ > (). Therefore, for each participant, there will
be some conditions to guarantee that U ﬁamcw ant > (), which
can be presented as follows:

(1) IR for MO:

Let UM© > 0, the IR condition for MO can be formulated
as:

MO .
C’2Selected “ Reited

1-p
(70)

Rearranging the inequality, the condition can be formulated
as:

MO i
QSelected “ Reited

1— 5 > Qselected * (1 - 5) : bJMO + ETransmit - |M‘

(71)

Multiplying both sides by (1—03) to eliminate the denominator:

QYQ a - Reited >
(1 - 5) (QSelected : (1 - 5) ' bMO + kTransmil ' |M|)
(72)
Thus, to hold IR for MO, Rcjeq should satisfy:

(1 - ﬁ) : (QSeleCted ' (1 - 5) . b]\lO + k'Transmit : |MD

MO
Selected

Rcited >

(73)

(2) IR for T:
Let Uﬁ > 0, the IR condition for T can be formulated as:

Qe 'Rie
(VRecM - Vﬁ;w -+ 1) ©+ QSelecteil _6B Cited
ZPCOmp'D'T"M|-|—(1_S).bT
+ kTransmit : |M| —+ kEnCrypt . |M‘

+ QBroadcast : k'l'ransmit : kExpand : |M|
(74)
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Rearranging terms, the condition can be formulated as:
r 2B Re
Selecte:(li ﬁﬂ Cited > PComp .D.Tr. |M‘ + (1 — 5) T
+ kTransmit . ‘M| + kEncrypt . |M|
+ QBroadcasl : k;Transmit . kExpand . |M |
- (VRecM - V]\ﬁw + 1) ©
(75)

Multiplying by (1 — /), the condition can be formulated as:

Quected - B+ Recited
> (1) (Peomp D7+ |M|+(1—35)-b"
+ KTransmit - |M | + k’Encrypt : |M ‘
+ @Broadeast * KTransmit * Fexpand * | M|
— (Vkee — Vi +1) - ©)
(76)
Thus, to hold IR for T, Rciweq should satisfy:

1 —
Rcited > (Tiﬁ) . (PCOmp -D -7 |M|
QSeleCted P
+ (]- - 5) . bT ~+ ETransmit * |M| + kEncrypl : |M|
+ QBroadcaSt : kTransmit : kExpand ‘ |M‘
— (Vreew — V&, + 1) -@)

3) IR for DBM:
Let UDBM > 0, the IR condition for DBM can be

(77)

- QSelecled : (1 - 3) . bMO - kTransmit . |M| Z 0 formulated as:

U]{I)BZM = QDeposit : RDeposit - CMine >0 (78)
Therefore, to hold IR for DBM, Rpeposic should satisfy:
G in
RDeposit > Mine (79)
QDeposil

4) IR for EBM:
Let UﬁBM > 0, the IR condition for EBM can be
formulated as:

QuasiM - Ritashvt + (Verem — ViEEM) - (© > Owine

+kTransmit . kExpand : |M | + C(GenFHEKey
(80)

Rearranging the terms, the condition can be formulated as:
QHashM : 7—\J'HashM Z CMine + kTransmit : kExpand : |M|

+ Cgenrriekey — (VeaEM — VEBMY .(©
81)

Therefore, to hold IR for DBM, Ry,snm should satisfy:

Rashm >

‘ (CMine + kTransmit : kExpand : |M |

HashM
+ Coenrriekey — (Vinem — Vs ™) - @) (82)

(5) IR for TBM:
Let UEBM > (0, the IR condition for TBM can be formu-
lated as:

QEncryptedM : 7?/EncryptedM + QCases : 7?/Case

Unit
> C’Mine + QCases : Ge;TDCase

(83)
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where there are two parameters that should be determined to
hold IR for TBM, including REncrypream and Rcase.
(6) IR for SBM:

Let U J%BM > 0, the IR condition for SBM can be formu-
lated as:

QVeriﬁedM : 7?/VeriﬁedM + QVeriﬁedM : QCases : RVerify
> C’Mine + QVeriﬁedM : kTransmit : kExpand : |M‘

Unit
+ QVeriﬁedM . QCases : Cverify

(84)
where there are two parameters that should be determined to
hold IR for SBM, including Rverifieam and Rverity -

2) Incentive Compatibility (IC): To achieve IC in the
DeRelayL system, all rational participants will tend to choose
the “Normal” strategy, which means that the utility of the
“Normal” strategy should be greater than other strategies.
Therefore, for each participant, the incentive provided by
the proposed mechanism should lead to Uﬁm'tw”’“"t >

Participant . 3
UbtherStrategy Which can be formulated as follows:

(1) IC for MO:

The strategy set of MO is {Normal (N), Not Transmitting
(NTm)}. Therefore, we will compare the utility of MO with
N and MO with NTm:

yMo _ MO _

NTm — JI\\[/IO + QSelecled : bIWO >0 (85)

where UM© > 0 due to the IR for EBM, and the revenue for
including records Qseiected - 6*C > 0. Therefore, the utility of
MO with N is greater than MO with NTm, ensuring IC for
MO.

2) IC for T:

The strategy set of T is {Normal (N), Not Training (NTr),
Not Broadcasting (NBr)}. Therefore, we will first compare the
utilities of T with N and T with NTr:

Ul — Uk, = Ul — (Veew — Vik,) - ©
+ b7 + Ftvansmic - | M|
> —(Vreemt — Viow) - © + 07
>0

(86)

where (Vreem — Vih,) -(O) is the value of the version gap
between the received model (the latest model) and the model
that T has already owned (the out-of-date model). The formula
b — (Veem — VAL,) - (© > 0 means that the deposit of T
should not be lower than the value of model (i.e., an effective
deposit discussed in Section III-B). Otherwise, T will not have
the motivation to train the model and just cheat for the latest
models by depositing a small amount of coins. Therefore, the
mechanism should have a condition:

bT > (Ve — Vi) - © (87)
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Then, we will compare the utilities of T with N and T with
NBr:

T T —
UN - UNBr -

Ti . . .
((VRecM - Vl\{)w + 1) © + QSelecled 6 RCIted)

1-5
— (Peomp - D -7+ |M|+ (1 = 8) - b" + Frvansmic - | M|
+Eenerypt * | M| 4 QBroadeast * Frransmit * KExpand - [ M)
= ((Vkeem = Viigw + 1) - ©)
+ (Peomp - D - 7+ [M] 4+ b7 + Frvansmic - | M)
(88)

Eliminating the common terms, the formula can be presented
as:

U£ - Uﬁ Br = Qg;:lectef 7ﬁ6 Recited

_ ((—s) b7 + kEncrypt : |M|)

- (QBmadoast : kTra.nsmil : kExpand . ‘MD

(89)

Thus, to ensure Uy — Uk, > 0, the mechanism should
satisfy:

QSeleCted B Cited > (—S) R kEncrypt : ‘Ml

1-p
+ QBroadcast . kTransmit . kExpand . |M |
(90)
where the condition can be formulated as:
1
RCited > T (*5) : bT + kEncrypt : |M|
Selected 5

+ QBroadcasl : kTransmit : kExpand : |M|) : (1 - 6) (91)

Therefore, there are two conditions (Formula (87) and Formula
(91)) that should be satisfied in the mechanism design to
ensure IC for T.

(3) IC for DBM:

The strategy set of DBM is {Normal (N), Not Packing All
(NPA), Packing Improper Deposit Contracts (PT)}. Therefore,
we will first compare the utilities of DBM with N and DBM
with NPA:

{yDBM _ yDBM
N

= eosi‘R eosi_Cine
NpA = (@peposit * Rpeposit — Cine) ©2)

- (QDepositLess : 7?fDeposit - CMine)
The expression can be simplified as:

DBM

DBM
UN —UNPA — (QDeposit - QDepositLess) : RDeposit (93)

Since QDeposit > QDepositLesm we can know:

DBM

DBM
UN — YNPA

>0 (94)

Therefore, the utility of DBM with N is greater than DBM with
NPA. On the other hand, we will first compare the utilities of
DBM with N and DBM with PI:

UJ{[)BM - UP[[)BM = (QDeposit . RDeposil - C’Mine)

95
- (* C(Mine) ( )
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The expression can be simplified as:

U]eB]\/I __g77bBM

PI = QDeposit : RDeposit >0 (96)

Therefore, the utility of DBM with N is greater than DBM
with PI. Overall, the IC for DBM can be ensured.

(4) IC for EBM:

The strategy set of EBM is {Normal (N), Not Generating
FHE Key (NG)}. Therefore, we will compare the utilities of
EBM with N and EBM with NG:

UEBM _ jEBM _ jEBM | ¢y () o7

where U ]}\’;BM > 0 due to the IR for EBM, and mining cost
Chine > 0, so the UFBM —UEBM > (. Therefore, the utility
of EBM with N is greater than EBM with NG, ensuring IC
for EBM.

(5) IC for TBM:

The strategy set of TBM is {Normal (N), Improper Testing
Cases (IT)}. Therefore, we will compare the utilities of TBM
with N and TBM with IT:

U]EBM _ UITTBM _ U]ﬂ\;BJVI + Chine > 0 (98)

where ULPM > () due to the IR for TBM, and mining cost
Chine > 0, so the ULPM — UTBM . (. Therefore, the utility
of TBM with N is greater than TBM with IT, ensuring IC for
TBM.

(6) IC for SBM:

The strategy set of SBM is {Normal (N), Improper Rank
(IRa)}. Therefore, we will compare the utilities of SBM with
N and SBM with IRa:

URBM — y2BM — gZBM | Cypine > 0 (99)
where U]\Q,BM > 0 due to the IR for TBM, and mining cost
CMine > 0, so the U j\g,B M _ IS}%M > 0. Therefore, the utility
of SBM with N is greater than SBM with IRa, ensuring IC
for SBM.

C. Overall Condition Set

Overall, according to the calculation in the previous sub-
sections, the reward (R) of each block should satisfy the
following condition set (T1 - T8):

T1: To guarantee IR of MO, we need to let UM > 0,

thus:
(1 - B) ! (QSeleCted : (1 - 5) MO + KTransmit - |MD
Rcited > —
Selected
(100)
T2: To guarantee IR of T, we need to let U]E > 0, that is:
1-5
Rcited = (Ti) (PCOmp'D'T'|M‘
Selected

+ (1 - 3) : bT + kTransmit : |M| + kEncrypt ) |M|
+ QBroadcast : kTransmit : kExpand : |M |
— (VRecM — Vﬁ;w + 1) ©)

T3: To guarantee IR of DBM, we need to let U 11\? BM > (),
thus:

(101)

CMine
7-\JfDeposit >

> (102)
QDeposil
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T4: To guarantee IR of EBM, we need to let U¥BM > 0,
that is:
1

QHashM
+ Cienrekey — (Vimem — Ve M) . @) (103)

T5: To guarantee IR of TBM, we need to let ULBM > 0,
thus:

RHashM Z : (CMine + kTransmil : kExpand : ‘M |

QEncryptedM . REncrypledM + QCases : RCase

Unit
Z C’Mine + QCases * “GenTDCase

T6: To guarantee IR of SBM, we need to let U3PM > 0,
that is:

(104)

QVerifiedM - Rverifiea + QVerifiedM * Qcases * Rverify
Z CMine + QVeriﬁedM : kTransmit : kExpand ‘ |M ‘
Unit
+ Qverifieam * Qcases * Cerity (105)

To satisfy IC, the utilities of the “Normal” strategy should
be greater than other strategies. According to Table II, some
participants’ other strategies have negative utilities, so they
will choose “Normal” obviously. Specifically, trainer T re-
quires additional constraints for the strategy of “Not Training”
and “Not Broadcasting”:

T7: For IC of T with “Not Training”, there is a sufficient
but not necessary condition that the deposit of T should not
be lower than the value of the model (i.e., an effective deposit
discussed in Section III-B). Otherwise, T will not have the
motivation to train the model.

bT > (VRecM - VI\?;)W) @

T8: For IC of T with “Not Broadcasting”, let UL —~UZL 5 >
0:

(106)

1

RCited > ((_5) ‘ bT + kEncrypt : ‘M|

g;:lected P
+ QBroadcast . kTransmit . kExpand . ‘M|> . (1 - 6)
(107)

The fore-mentioned condition set is listed in Section III-C2.



